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Introduction

Fusion devices are a promising solution for a new source of energy. Fusion power plants would present
a lot of advantages, among others: large amount of released energy, accessible feedstock supply, and
little nuclear waste. However, using fusion reaction to produce power using a magnetic con nement
is a scienti ¢ and technological challenge as it requires a high con nement in the core plasma at the
same time as a good control of plasma exhaust on the material walls.

This work is motivated by the key problematic of power handling in fusion power plants necessary
to avoid damaging or even melting the expensive plasma facing components. The understanding of
the physics underlying heat transport, and more speci cally the establishment of the power Scrape-O
Layer (SOL) width g, is a critical task for the engineering design of future Tokamak devices such as
ITER ([Loarte 07) Wischmeier 15]) and DEMO ([Wenninger 14]).

In this context, it is mandatory to make reliable predictions for power exhaust in order to correctly
size the future Tokamaks, and, if possible, to take advantage of the physics knowledge to improve the
design of the machine. This calls for a theoretical ground describing the way energy escapes the core
plasma through the separatrix and deposits on the PFCs. Some theoretical and experimental studies
attempt to achieve such a task, however no de nitive conclusion have been drawn yet, and it is still
not clear what are the main mechanisms at play.

To achieve this goal, numerical modelling is a necessary complement to experimental results as
the latter give only an incomplete picture of the plasma state due to the diculties inherent to
measurements in the hot plasma.

The 3D turbulent uid approach for the edge plasma is an interesting tool to study this problem-
atic leading to international e orts on the development of edge plasma models. The code TOKAM3X
developed at IRFM is a part of this ongoing e ort of plasma turbulence modelling. Among others,
the most advanced 3D turbulent codes are BOUT++ [Naulin 08], GBS [Ricci 12], and TOKAM3X
[Tamain 16], and each of this code has its specicity. The code BOUT++, extension of the gradi-
ent driven code BOUT precursor of 3D uid modelling, includes several additional physics in the
uid equations, in particular energy conservation, electro-magnetic and kinetic e ects. This code
has recently investigated the problematic of the power SOL width with good comparison with ex-
perimental results [Chen 17]. The code GBS includes also important physical features as neutrals
description, electro-magnetic physics, and self-consistent uctuations of temperature. Recent works
focus on turbulence in non-isothermal limited simulations, in particular describing the e ect of the
limiter position on the pressure SOL width [Loizu 14] and discussing a possible explanation for the
narrow feature observed experimentally in L-mode|[Halpern 1j7]. Earlier linear work, has been carried
out on the prediction for the pressure SOL width [Mosetto 13,/ Mosetto 15] based on non-local linear
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theory [Ricci 10, [Ricci 13]. The code TOKAM3X, despite using a simpler physical model, o ers the
possibility to use a exible and complex geometry, including realistic X-points [Galassi 17]. Moreover,
the code has been recently extended to an anisothermal version, the study of this extended model is
one of the focus of this thesis. Note that these 3D codes follow the 2D codes also used to study trans-
port in the edge plasma, in particular the code HESEL [Rasmussen 16] and TOKAM2D|[Sarazin 98].
In particular, the code HESEL has produced interesting results on L-H transition, blobs dynamics in
presence of temperature dynamicd [Rasmussen |15, Olsen 16].

The study of the physics of power SOL width is one of the long-term objectives of TOKAM3X
and TOKAM2D. However, both codes have been used only in their isothermal version until recently.
One of the aims of this work is to review the general characteristics of energy turbulent structures and
heat transport in the anisothermal versions, and to draw a comparison between turbulence features
in isothermal and anisothermal models.

This PhD work has been dedicated to the study of the di erent aspects of heat transport in the
edge plasma using a numerical uid approach. Special focus was devoted to two types of mechanisms
suspected to play an important role in heat transport:

turbulence established to be a major particle transport player in L-mode plasma. In H-mode,
turbulence strongly reduced in the pedestal and near-SOL. It is thus not clear which is the main
mechanism driving the transport through the separatrix.

large-scale convective transport, and in particular the role of the magnetic drifts convection.
This mechanism has drawn much attention recently as models based on such mechanisms of
transport present a good agreement with the actual scaling law in the H-mode.

The problem of interest has been approached gradually using di erent numerical tools. In a rst stage,
we have studied separately the two mechanisms:

the basic properties of turbulence and heat transport in the presence of self-consistent temper-
ature evolution have been studied with the code TOKAM2D (Chapter 3);

the large scale transport by the magnetic drift in realistic geometry but with a low level of
anomalous transport are studied with the code SolEdge2D (Chapter 4).

Finally, the study of simulations including both mechanisms, is made in the last chapter (Chapter 5).
This work has been done using the code TOKAM3X in its anisothermal version, which solves both
energy turbulence and 3D geometry self-consistently in the same simulation.

Outline of the thesis

In the second chapter of this manuscript, we introduce the uid model, and detail the assumptions
followed with this approach (high collisionality, drift approximations). We then present the physics

of the open- eld lines due to the plasma-wall interaction, which determines the boundary conditions
used in the uid models. Finally, we detail the derivation of the equations of one of the three code used
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in this thesis: TOKAM3X, as the two others studied codes (TOKAM2D, SolEdge2D) are somehow
included in TOKAM3X model.

The third chapter addresses the basis properties of turbulence in a simplied 2D geometry, and
the impact of the addition of self-consistent temperature variation. First, it is found that the inclu-
sion of temperature does not modify drastically the general features of turbulence, presenting similar
intermittent structures and highly intermittent transport. Nevertheless, the presence of electron tem-
perature uctuations in the current parallel losses triggers an additional instability, the sheath negative
resistance instability, which acts in conjunction with the interchange drive. The characterisation of
the turbulence, using the input of linear analysis, has revealed that the additional instability has an
impact on turbulence, and also on the perpendicular equilibrium in particular on the power decay
length. The impact of ion temperature uctuations is studied separately. Its inclusion, even though it
does not trigger a new instability, impacts the turbulence characteristic and the decay length through
the perpendicular balance equation, namely its impact on the vorticity expression.

The fourth chapter is dedicated to the study of large-scale transport due to magnetic drifts in simula-
tions where the turbulence is arbitrarily set via a di usion coe cient. In this framework, we observe
the existence at low di usion of ar B -drift dominated regime in which both transport and SOL widths
are determined entirely by ther B drift convection. Such a regime exists independently of parameters
and the geometry chosen. However, the latter is also characterized by a complex plasma equilibrium
presenting supersonic transition and steady-state shock. Moreover, this regime is reached only at
extremely low level of transverse transport, way below the neoclassical level. Finally, we discuss the
impact of some additional physics in the drift dominated regime as the addition of the centrifugal
drift, the temperature evolution and the neutral inclusion.

For the fth and last chapter, we have run TOKAM3X uid simulations in limiter realistic geometry,

one isothermal and one anisothermal, with the aim to characterize particle and energy turbulence
and transport and to compare the two models. The regime found for this geometry and this set of
parameters is a L-mode like regime, where turbulence is largely dominant both in particle and energy
transport. Here, the contribution of r B-drift convection to the global transport is negligible, which
is in agreement with the result of the previous chapter, as the drift dominated regime exists only at
very low anomalous transport level. Moreover, we nd, as in 2D simulations, that there is no signi -
cant modi cation of the turbulence features (intermittent structures and statistical properties) due to
the addition of temperature uctuation. However, the temperature gradients induce a key di erence
between isothermal and anisothermal simulations: it triggers the presence of a high amplitude elec-
trostatic shear layer. This shear layer comes along with a reduction of the turbulent ux penetration
into the SOL. However the exact impact of the shear layer on the turbulence remains unclear as they
does not appear at the same radial location.






Chapter 1

Issues of the power exhaust In
Tokamak devices

1.1 Fusion basics

Nuclear fusion, reaction occurring in stars, is a reaction of two light atomic nuclei which join to form

a heavier atomic nucleus. This reaction is associated with a reduction of the total mass of the system,
which leads to the release of a large amount of kinetic energy of reaction products, quanti ed by the
well known Einstein relation E = mc?. One would like to use this process as a means to have a
new source of energy in the future.

However such a reaction does not easily happen as it requires high-energy particles to permit the
atomic nucleus to overcome the long-range Coulomb repulsion force and get close enough so that the
short-range strong nuclear force can lead to fusion. In theory, fusion reaction would produce energy for
all element lighter than iron, but in practice, on earth, only the reactions involving hydrogen isotopes
are conceivable. Among those, the deuterium-tritium (D{T) reaction is the one chosen for future
fusion devices. Even then, the reaction of fusion requires very high temperature of the order of 1.
Given extreme temperatures involved, one can readily expect to have great challenges concerning
power exhaust.

A simpli ed power balance of the fusion plasma gives conditions for fusion to be energetically
pro table [lLawson 57]. The Lawson criteria gives the ampli cation factor, Q ratio between the energy
produced by fusions reactionPs,s and the external energy input Pey; : Q = Pss=Pext as a function of
plasma parameters Ed.1.]L:

f(Q)=nT e (1.1)

where n is the plasma density, T is the plasma temperature and g the energy con nement times.
For economic reliability, one estimates that the ampli cation factor has to be above 40, or that
nT g > 3:10%'m 3keV.s ?! E] The temperature being imposed by the D-T reactivity, two main ways
can be followed to reach this criteria :

Inertial Con nement Fusion with extremely dense plasma (n 10°'m 2) but with short con-

YIn the world of nuclear fusion, the enery unit of electron-Volt (eV) is used as a temperature unit instead of the
Kelvin. One writes equally T and ks T where kg is the Boltzmann's constant and one has 1eV =1:602 10 J 10°K
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Figure 1.1: Tokamak magnetic con guration

nement times ( ¢ 10 !s), such conditions are obtained by compression of D-T pellet with
laser beam.

Magnetic Con nement Fusion with relatively low-density (n 10  10°°m 2) but long con-
nement times ( g few s). This second fusion branch is the focus of this present work.

1.2 Magnetic con nement in the Tokamak con guration

1.2.1 Magnetic con nement in a Tokamak

No solid wall can withstand the extreme temperature required for fusion reactions. Thus fusion
reactions have to take place away from the wall. At this temperature, reactants are stripped from
their electrons, and matter is in the plasma state. Devices for fusion by magnetic con nement take
advantages of the property that charged particles in a magnetic eld, B, have a helical trajectory
around eld lines. The radius of this trajectory is the Larmor radius ( ):

L= oE (1.2)

Where mg, Vo, and ¢s are respectively the mass, the cross- eld velocity and the charge of the
particle. The Larmor radius of a deuterium ion D* at 10 keV in a magnetic eld of 3 Tesla is about
5:10 3 m. This way the plasma is con ned in the direction transversal to the magnetic eld, but is
still free in the parallel direction.

In order to con ne the particles in the parallel directions, the con guration of fusion devices uses
closed magnetic eld lines, i.e which do not intercept any solid wall, this way the hot plasma of fusion
is also con ned in the parallel direction. A straightforward idea is to produce a magnetic eld, called
toroidal eld and denoted B (reported in red on Fig[1.1), with circular eld lines in a form of a
torus using circular coils which are toroidally distributed all around the plasma.

The produced magnetic eld presents inhomogeneities. Considering the Ampere's law one can
readily observe that By, is proportional to the inverse of the distance to the center of the torus
Bior / 1=R. The magnetic eld amplitude is lower in the outer region of the torus, called Low
Field Side (LFS) than the inner region the high eld side (HFS). This inhomogeneity creates particles
vertical drift dependant of the charge sign, thus is in the opposite direction for electrons and ions
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Figure 1.2: System of coordinates used in Tokamak con guration

(see sectior] 2.2). The induced vertical charges separation leads to a fast deterioration of the plasma
con nement. Therefore a more complex magnetic con guration is required. An additional eld, called
poloidal eld and denoted B o (reported in light green on Fig) is added. This eld is achieved by
driving a current in the plasma (current in the toroidal direction), this current is induced by induction
using primary coils in the center of the plasma.

Each eld line of the total magnetic eld, B = B + Bpol, is contained in a surface, called the ux
surface and labelled . Except for rational values of the safety factor, denotedq Eg. , de ning
the winding of the magnetic eld lines, a eld line never closes on itself and covers the entire magnetic

ux surface. ‘
B r

B r
The plasma equilibrium on the ux surfaces is described by the force balance, that writes in the
ideal Magnetohydrodynamics (MHD) approximation:

q(r) = (1.3)

B J= rp (1.4)

where J is the current density in the plasma and p the plasma pressure. This equation implies that
the pressure is uniform on the ux surface 8 r p=0), which can be expected from the free motion
of particles on magnetic eld lines. This pressure gradient is directed toward the center of the plasma,
so that the pressure is higher in the center region of the plasma, where fusion reaction take place, and
lower in the exterior region where the plasma is close to the material walls.

1.2.2 Limiter and divertor con gurations

The plasma can not be in a in nite volume chamber, and, inevitably above a certain radial extension,
all magnetic eld lines are intercepting a solid wall. The corresponding ux surfaces are called open
ux surfaces, to distinguish them from the core ux surfaces, i.e. the closed ux surfaces Fig[ 1.3. The
rst surface intercepting a solid surface is the Last Closed Flux Surface (LCFS), also called separatrix.
The plasma region which intercepts the material wall, the Scrape-O -Layer (SOL), is a region where
the plasmaf{wall interaction takes place.
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Figure 1.3: Scheme of the two geometry con guration limiter (left), divertor (right)

The SOL region is the transition between the core region, where extreme condition are required for
fusion to take place, and the solid wall, where rather low temperature are needed to avoid the materials
melting. It is thus a region presenting a complex physic, with important radial gradients. The Plasma-
Facing Component (PFC), limiter or divertor targets, are the rst components intercepting the eld
lines, and are designed to extract the high heat ux escaping from the core region via the plasma. It
is worth to note that the PFCs act not only as a sink, but also release neutral particles, by recycling
process, which are later ionized with energy provided by the plasma.

Two classes of magnetic con gurations exist : limiter and the divertor con guration.

1.2.2.1 limiter con guration

The limiter con guration (represented on the left panel of Fig. is the straightforward, and histor-
ically magnetic con guration. It is not the chosen solution retained for steady-state plasma in future
devices (see divertor con guration for reason). However it remains of importance as it would be the
con guration for the start-up plasma of ITER, and presents some challenge for the power exhaust
problematics.

1.2.2.2 Divertor con guration

In divertor con guration, also called X-point con guration (represented on the right panel of Fig.

the plasmaf{wall interactions take place somehow remotely from the core plasma. This permits to
avoid that plasma heavy impurity, created close to the strike point, penetrates in the core plasma and
radiates energy which would deteriorate the con nement properties. Moreover, it has been shown that
this con guration o ers an easier access to the high con nement regime [[Lipschultz 07| Pitcher 97]

(see sectior) 1.3.2]1).
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1.3 Transport in Tokamak

The primary purpose of the Tokamak design is to ensure con nement (g) of the fusion plasma.
Such con nement requires a transport in the parallel direction much faster than in the cross- eld
direction. However, a perfect con nement does not exist and the signi cant di erences of temperatures
between the edge and the core of the plasma impose a cross- eld transport triggered by thermodynamic
forces and directed to the outward region of the plasma. A good understanding of this transport
is mandatory for the design of future machines for both estimation of con nement time and wall
interaction problematics.

1.3.1 Classical and neoclassical transport

In the plasma, particles interact together via collisions, which leads to particles displacement from
their trajectory. This process can be described by a random walk and modelled as a di usion Eq.
(1.5). This description of the transport is referred to as classical. Due to the important density and
pressure gradient in the cross- eld direction, the collisional mechanism results in a cross- eld ux
directed against the gradient, that is to say toward the exterior of the plasma.

?2:D = D?I’ ?N (15)

In this collisional approach, the di usion coe cient is estimated as a function of the collision fre-
guency, and the Larmor radius |, representing respectively characteristic time, spatial scales of the
random walk. Thus, it can be assumed thatD- .. E . In the edge plasma, the classical di usion
coe cient takes typical values in the range of 10 4 to 10 2 m?s ! for Deuterium ions. However, the
classical description of the transport does not explain the level of cross- eld transport observed in the
experiments which is several order of magnitude higher than the classical predictions.

In a torus geometry, the magnetic eld presents inhomogeneity and the particles experience the vari-
ation of B along the eld lines in the parallel direction, which modi es the collisional transport. The
physics describing this e ect is called the neoclassical description of the transport. The neoclassical
estimation of the di usion coe cient is higher than one of the classical one of a factor/ ¢? (from 10
to 100) [Hinton 74]. However the experience proved that this still is not su cient to explain cross- eld
transport observed in Tokamak.

1.3.2 Turbulent or anomalous transport

As presented previously, the collision theory is not su cient to explain the cross- eld transport,
historically referred asanomaloustransport as it was explained neither by classical nor by neoclassical
theory. In the low con nement regime of the plasma (L-mode, see sectiofi 1.3.2.1), experimental
evidence revealed that a large fraction of particles transport is driven by turbulence in the outer
mid-plane, with high amplitude uctuations of density, temperature and electrostatic potential in the
edge plasmal[Zweben 07, D'lppolito 11]. This intermittent transport takes the form of long range
lamentary structures aligned along eld lines, usually called blobs or laments. Blobs are then
radially transported by the local electric drift, denoted ug (see chapter 2), and the anomalous or
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turbulent transport writes:

wrb = haegi (1.6)

The turbulent transport is sometimes modelled by a di usion term, with anomalous value for
di usion. However, if this method is practical for the global modeling of the machine, a precise
comprehension of the turbulence is mandatory, especially to understand the transition toward the
high con nement regime (H-mode, see sectio.l), or the asymmetry in the cross- eld transport
and to make reliable prediction for future devices.

1.3.2.1 H-mode and transport barriers

Turbulence is a key player in the particle cross- eld transport, responsible, when fully developed,
for L-mode. Tokamak reliability requires to achieve high performance discharges, with the objective
to reduce the turbulence in order to reach higher pressure in the conned plasma. In 1982, an
unpredicted regime, the H-mode, presenting higher con nement time, has been observed for the rst
time in ASDEX [Wagner 82]. The transition between L-mode and H-mode is due to a reduction of
turbulence in the vicinity of the separatrix. The transition comes along with steeper pressure pro les

in the region of reduced turbulence, forming a pedestal, and higher plasma pressure in the core plasma
Fig. [[.4. The region of reduced turbulence is called a transport barrier.

A strong poloidal velocity shear layer, observed experimentally, is believed to be a key player of
turbulence reduction [Burrell 97|, [Terry 00]. The turbulent structures are decorrelated by this shear
layer and do not propagate through the barriers transport leading to the formation of the pedestal.
The mechanisms triggering the formation of this shear layer, and thus responsible for the H-mode, are
not resolved yet.

One of the downside of the H-mode, is the apparition of a MHD instability which triggers high
frequency relaxations of energy, in the range of 10 to 1000 Hz: the edge localized modes (ELMs). Even
though this question is not treated in this work focusing on steady-state energy deposition, the ELMs
are also a critical issue for the life time of PFCs as they deposit extremely high amounts of energy.

1.3.3 Laminar large scale transport

In H-mode, the turbulence being strongly reduced in the pedestal and near-SOL, it is not clear which
is the main mechanism driving the transport through the separatrix. Some models proposed that the
direct advection of the steady-state mean elds by drift velocities (see sectiof 2]2) could explained a
part of the cross- eld transport :

A Heuristic Drift-based (HD) model [Goldston 12] proposed that, in H-mode, the direct ad-
vection by magnetic drifts u, g and ucen; (see chapter 2) is the main mechanism driving the
cross- eld transport across the separatrix.

It has also been shown that the electric drift also drives large scale transport, and can present a
steady-state contribution to the global transport, especially in the X-point region [Galassi 17].
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Figure 1.4: Pressure pro les in di erent con nement regimes : Internal transport barrier in green and
H-mode barrier in red (compared to L-mode in blue.)

1.4 Power exhaust in steady-state at high performance : a critical
Issue for future devices

Economical viability of future fusion devices requires a su cient power spreading onto PFC, potentially
damaged by high energy deposition. For ITER, the design limit of divertor materials in steady-state

is estimated at 10 MW m 2 [Loarte 07]. However, due to the anisotropic transport, faster along the
eld lines than in the transverse direction, energy escaping the core plasma reaches PFC through a
narrow channel of plasma Fid.1.5. Thus, the exhaust energy is deposited on a small surface, receiving
important heat ux. Nowadays, one has no certainty that ITER would stay within this constraint
[Eich 13b], and power spreading is a key problematic for operation of future machine. In order to
optimize the design of future machines, one needs to improve the predictive capability of the power
spreading, and to have a better understanding of the physic underlying the establishment of the peak
heat load is mandatory.

1.4.1 Power balance

Pirer = 500MW +50 MW, (1.7)

fusion heating

In operational steady state of Tokamak, input and reaction power has to be evacuate one way or
another, for ITER Py = 550 MW, 50 MW with external heating and 500 MW with fusion. During a
fusion reaction, 4/5 of energy, that is to say 400 MW, is transferred to neutrons, and the rest to the
plasma. Neutrons are not con ned by the magnetic eld and are dispersed on all the wall surface.
In the power transferred to the plasma, about 50 MW is radiated by bremmstralung, and impurities
radiations. Once again, this energy is dispersed on all the wall surface. The 100 MW left, denoted
PsoL, is evacuated by plasma convection. For the need of con nement time of Tokamak, the cross- eld
transport of particles gyrocenter has to be small compared to the transport in the parallel direction.
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Figure 1.5: Scheme of the SOL width

The downside is that the plasma crossing the separatrix ows towards the target without important
spreading, so the power evacuated by convection will be deposited only on a small surface, which
means important heat ux, and potential damage for the plasma facing component at the strike point.

1.4.2 SOL width de nition

For a given power evacuated through the plasmaPso., the maximal heat ux, Qmax IS inversely
proportional to the wetted surface, Syet, that is to say the surface of spreading of the heat ux.
Considering the axisymmetry of the problem, the value of this surface is constrained by the width of
the heat channel, denoted 4, and a geometric parameter de ned by divertor properties (discussed in
the next section).

PsoL PsoL

Qpeak / % geoWq

The heat channel width is thus a key problematic in the heat exhaust, and ¢ results from a

competition between the parallel and cross- eld transport in the main SOL. From a general perspective
this thin narrow layer derived from the equality :

(1.8)

k ? (2.9)

The penetration length in the SOL 4 is related to the physic of the SOL and its model of transport.

For a diusive transport model, used in transport code (see chapter 4), 4 is de ned by the
relation Eq. (L.10), whereD- can represent classical, neoclassical or anomalous transport.

2
a Lk

- 1.10
D, o (1.10)

For a convective transport model 4 is de ned by the relation Eq. ([L.11). For turbulence
modelling, the character intermittent of the transport has to be taken into account. An ex-
pression of a time-averaged perpendicular velocity has been proposed by Ref. [Fedorczak 17] :
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Figure 1.6: Schematic shape of the heat ux pro le in the main SOL (red) and at the target (blue)

viab = Do f vy, where ny is the density of the blob, n the averaged local density,fy, frequency

of apparition of a blob and 4 is life time, and vy its velocity.

o bk

1.11
v o (1.11)

It is worth to underline that the 4 notion is somehow a theoretical view of a concept that one
tends to resume to a single valued comprehension whereas it is multi-faceted. Indeed this narrow
channel has no reason to be uniform neither in time, in particular for turbulent regime, nor in space.
In fact temporal disparity, poloidal and radial asymmetry has been reported from experimental results
[Carralero 14,[Kaan 15, [Dejarnac 15, Horacek 15, Gunn 13].

1.4.3 Footprint : geometry impact

Even though the power SOL width is generally de ned as the property of the main SOL, in experience,
q is mostly measured from the heat ux radial prole at the limiter or divertor targets, by IR
measurement or/and Langmuir probe methods.
Historically, the radial pro les were supposed to follow a decaying exponential. q is then de ned
as the e-folding decaying length :q = goexp( r= ). The estimation of 4 was directly extracted
from the pro les at the target with two methods : by an exponential regression of the prole gexp,

. " d :
or by an integral de nition gt = W [Loarte 99, [Fundamenski 11].

In order to clean-up obvious geometrical e ects and compare di erent machines, 4 is remapped

at the outer mid-plane 4 ! q=fx, where fy is the ux expansion between the outer mid plane
and divertor targets, fyx = m%. Note that the ux expansion is also a parameter allowing

to decrease the peak heat load. Another geometrical e ect impacting the peak heat ux is the angle
between divertor tiles and the magnetic eld lines (Quan = 0 Sin( )). Both of these geometric param-

eters have an impact on the peak heat load apart from the transport in the main SOL, they would be
accounted in geo in Eq. [I.8. Advanced divertor concepts take advantage of these geometrical e ects
for the design of the divertor geometry : Snow-Flake divertor [Soukhanovskii 11, Soukhanovskii 13],
SuperX-divertor [Valanju 10].
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More recently, the description of heat load at the target proposed by Ref.[[Eich 111] parametrizes the
pro le by a convolution of a decaying exponential, representing the transport in the main SOL, with
a Gaussian, representing a di usive spreading in the divertor region Eq[ 1.12. This methods permits
to get rid of divertor e ects and to extract a coherent multi-machine (JET, DIII-D, ASDEX-Upgrade,
C-Mod, NSTX, MAST) empirical scaling law for ¢ in H-mode [Eich 13a, Eich 13b].

& ! , E

S
erfc

@ s s

(s)= —ex i
WS = 0

+ g With s=s 5o (1.12)

This description separates two di erent physic contribution of the transport:

The transport in the main SOL represented by 4. Note that here 4 would be e-folding length
of the decaying exponential pro le at the divertor entrance (represented in blue on Fig. ),
there is no evident reason that it would be the same width at other poloidal locations of the
SOL

Divertor physics, leading to a leakage into the private- ux-region (PFR),represented by the
factor S, usually called spreading factor.

Both 4 and S have an impact on the peak heat ux. The spreading leave some possibility to
reduce gpeak, Without playing on the main SOL transport. S can be easily linked to the integral SOL
width i, directly linked to Cpeak and it has been shown that iy = ¢+ 1:64S [Makowski 12]. A
scaling low for S has been proposed, showing a main dependency Blpoll both in both L-mode and
H-mode [Scarabosio 15]

The separated physic motivates a distinct extrapolation of §andS. However their is no clear evidence
yet that their is no interplay mechanisms, justifying that both of these e ects can be easily decoupled.
In fact studies on TCV Tokamak have found a unexpected result: the variation of the length of the
divertor impacts essentially the estimated g and not the spreading factorS [Gallo 16].

144 4 scaling laws

The current scaling law for the H-mode, derived from the multi-machine regression of Ref! [Eich 13a],
found that the strongest dependencies of ¢ is the one with Bpo Fig .7, Eq. [1.13 with a second
striking and unexpected result that no dependencies omR is found.

q;Eich / 0:64B p0]|.216 (1.13)

This functional dependencies seems to be somehow universal and has been retrieved in other
experiments [Thornton 14,[Sun 15, Wang 14]. Moreover, it is worth underlining that this feature is
not speci ¢ to H-mode, an empirical scaling law in L-mode show similar dependency withB  :

In divertor con guration on JET and ASDEX-Upgrade [Scarabosio 13]

ili . :
g™ L4aB gt (1.14)
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Figure 1.7: Bpo scaling of power SOL width

In limitor con guration on Tore-Supra (add scaling law) [Gunn_13]

g™ 94B 0" (1.15)

The extrapolation of this H-mode scaling law gives for ITER 4= 1mm to 3mm rising concern,
as it might lead to heat ux above the constraint limit of 10MWm 2 even taking into account the
detachment e ect (see sectior{ 1.45)

So far, empirical scaling laws miss a theoretical grounds to back-up their prediction, and the
mechanisms driving the heat transverse transport in the edge plasma are not yet fully understood.
This is a central issue for the design and the sizing of future devices. Some theoretical studies attempt
to describe the way energy escapes the core plasma through the separatrix and deposits on the PFC
have been done, but no de nitive conclusion has been drawn yet. In L-mode, it is accepted that
turbulence dominates the cross- eld transport, theoretical model have been proposed based on linear
analysis using the gradient removal theory|[[Ricci 09], and based on a blob approach [Fedorczak!17] to
predict the value of the SOL width in L-mode.

In H-mode turbulence is strongly reduced in the vicinity of the separatrix, and it is thus not
certain whether turbulence plays the predominant role in the cross- eld transport. The HD-model
[Goldston 12] (described in detail in chapter 4) has attracted much interest for its good agreement
with experience [Eich 13&, Faitsch 15/ Sieglin 16], in particular its prediction of the dependency on
Bpol.

1.4.5 Necessity of detachment regime

It is important to recall that the spreading of energy described above is in fact not su cient to stay
below the operational constraint of 10 MW m 2 for future devices like ITER, even more so for DEMO.
Moreover, for the long-term erosion due to sputtering of electron, it is further mandatory to keep
the electron temperature below 5eV[[Zohm 18]. For both these issues, a so-called detached regime is
foreseen. The physic of the detachment is linked a high recycling condition, in the detached regime
one observes a simultaneous decrease of density and temperature at the strike point which leads to
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a roll over of the plasma ux to the target. In such regime, the largest part of the incoming heat
ux will be dissipated by radiation in the divertor region, and the radiated power expected is of 60%
for ITER [Wischmeier 15], and 95% for DEMO [Wenninger 14]. Moreover, it permits to keep a low
electron temperature at the target. However detachment can a ect the con nement properties if the
heavy impurity does not stay in the divertor region.

1.4.6 Narrow feature in L-mode start-up plasma

The start-up phase of ITER discharge will be in limiter con guration, with the limiter positioned
on the inner wall, i.e on the HFS wall. In this con guration, experimental g, pro les at the limiter
target exhibit double exponential features: with steeper gradient in the vicinity of the strike point
( gqnarrow  few mm) [Kacan 15| Dejarnac 15,/Horacek 15], followed by atter pro le in the far SOL.
This characteristic leads to a higher peak heat load onto the inner wall: the estimatedyeak presents
up to a factor 4 compared with the value expected from single exponential approach [Kaan 15,
Arnoux 13|, and could exceed the material limit.

A theoretical model, using 3D uid simulation, proposed that this feature could be explained by
the reduction of radial correlation due to a sheared poloidal owE B [Halpern 17]. However one
needs to have a better understanding of this feature in order to avoid possible damage of the wall.



Chapter 2

Fluid modelling of the edge plasma

The study of the mechanisms underlying heat transport via experimental results is a di cult task
due to the complexity of measurement in the hot plasma, in particular for ion temperature. Thus, a
complementary approach of the heat transport study using numerical tools is mandatory in order to
have a better understanding of the underlying physic.

In the edge plasma, the 3D turbulent uid model is an interesting tool as it includes all the
physics suspected to play a role in the establishment of SOL width : self-consistent turbulence, drift,
temperature dynamics etc, with a reasonable computational cost.

In this chapter, the uid model is derived, and we present the main approximation of this approach:
uid closure, drift ordering. Moreover, some insights on the physic of the open eld lien, specic to
the edge plasma, are provided. In the last section, we detailed one of the three numerical uid tools
used in this thesis: the code TOKAM3X in this anisothermal version. This code has been chosen as
the two others models studied in this work TOKAM2D, and SolEdge2D are somehow reduced models
of TOKAM3X.

2.1 Fluid approximation

Despite the great progress of supercomputers, the computational limits are still a key problematic of
the numerical approach leading to modelling e orts to reduce the cost of the physical model. The
most straightforward approach is the particular description, where the trajectory of each particles is
computed from the equation of motion ) of a particle of massm and of chargee .

m =e (E+v B) (2.1)

dt

wherev , E and B stand respectively for the particle velocity, the electric and magnetic elds.
The electric and magnetic elds are generated both by external elds and by the impact of all the
other plasma particles according to Maxwell's equations.

For N particles the computational cost is @\, (6 degrees of freedom 3 for position and 3 for velocity).
In spite of the low plasma density 10°°m 2 this approach is numerically inaccessible. That leads
the physicist to use more complex but less costly descriptions. Two approaches are mainly used: the
kinetic approach and the uid approach.
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Kinetic approach:

The kinetic approach is a statistical approach solving the distribution function, fg, in spatial and
velocity space, its temporal evolution is described by the Boltzmann's equation 2). This allows
to reduce the numerical cost tONp?ts 6Np where Nps is the spatial resolution. The gyro-kinetic
approach further reduce the cost to 5 dimensions by taking the average along the cyclotron motion.

@ s+vs 1 fst+tas ryfs= @fsjcol (2.2)

Fluid approach:

The uid approach is an other step to reduced the numerical cost. It only considers averaged quantities
of the distribution function, such as density, velocity and temperature, obtained by the momenta of
the distribution function (, that is to say integrals of the distribution functions along the velocity
space.

M gn) = vs "fs(r;vs;t)dvs with vg " Ys 2 V? (2.3)

n times

This approach allows to further reduced the numerical cost to 3 dimensions plus times. Edge plasmas
are highly collisional, in this framework, the distribution function tends to be quasi-Maxwellian (.4).

L4 < ) . )
Ms ] Vs Ug]

TINE exp V2 (2.4)

fs ns

with us the uid velocity de ned later (24)] and vy the thermal velocity. The numerical cost of such
approach will then depends on the complexity of the model (number of moment solved, additional
mechanisms) and also of the spatial resolution of the grids.

2.1.1 Derivation of uid equations

Fluid equations are obtained by taking the di erent momenta of the kinetic equation ( and then
by integrating over all the 3D velocity space:

° <

Vs "@ sPvst Vs o (Vsfs) dPvst v Mr oy, E(E+ vs B)fs dvg= v "Cedivs
Vs Vs Vs Ms Vs
(2.5)
One can rewrite the Equation (2.5) by considering commutative properties as:
1 E ’ E . <
@ Ve MedPve +r vs MDfdBvs +  vs Mr oy, E(E+ vs B)fs dve=  vg "Cedivs
Vs Vs Vs Ms Vs
(2.6)

The exact resolution of the n" momentum equations requires to know then + 1" momentum, i.e
to solving the n + 1™ momentum equation. Thus only the in nite set of uid momentum equations
is equivalent to solve the kinetic model. In the uid description, one truncates the momentum at a
certain order, and solves only few momentum equations (2 or 3). In this thesis, we discuss two type
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of models:

Isothermal models : i.e assumptions of a constant temperature, for which 2 momenta equations
are solved.

Anisothermal models for which 3 momenta equations are solved.

Both models relies on the classical closure used in uid modelling, the so-called Braginskii closure,
which leans on the assumptions of high collisionality (presented in sectioh 2.1.3).

2.1.1.1 Continuity equation

For n = 0, the equation 2.§ writes:
: E , & . ¢
@ fsd®vs +r1 vsfsddvs + 1y, Efs divs=  Cedivs (2.7
Vs Vs Vs Ms Vs
Using the quasi-Maxwellian hypothesis ), i.e the distribution function f5 decreases exponentially
at in nity in the velocity space, one has:

8n2N; Ilim vg "fs=0 (2.8)

jvsit +1

The third term of (2.7) can be then recomputed:

L]
+
FS Vs

—f = 2.
wfs =0 2.9)

Vs

0 F <
s .
rv, —fg ddvg= lim
Ve s vs! +1

Finally, we suppose here that the collisions do not create or destroy any particles, i.e. their is no
atomic reactions ( Csdvs = 0). The particle balance equation then writes:

@ns+r (nsus)=0 (2.10)
Using the following de nition for the momenta of the distribution function:

the momentum of order 0 is by de nition the mean particle density ng

ns(r;)= MO (r;t)=  fs(r;vst) dvs (2.11)

the uid velocity us is de ned by the moment of order 1:

(nsus) (1) = MG (1) = vefs(rivsit) dvs (2.12)

2.1.1.2 Momentum balance equation

For n = 1, the equation (.6) writes:
E , & . <

' F
@ vsfsd3vs + 1 Vs Vsfsddvs +  ver ., —fs dvg=  vsCsdPvs (2.13)
Vs Vs Vs ms Vs



2.1. Fluid approximation 21

The particle velocity is split into its averaged part, the uid velocity de ned in (2{12) |and its
uctuating part denoted ws in the following ws = vs us. By de nition, one has . wfsd®vg = 0.
Using this notation, the equation (2.13) becomes:

\%

, E . <
F 1
@(nsug) + 1 (Us+ Ws) (us+ wg)fsd®vs + Vsl vg —2fs d®ve= —Rs (2.14)
Vs Vs Mg Mg
| {z bl {z }
=A =B
We now develop separately A and B:
|
A=r1, Us Us fed®vg+ us wefsdPve+  wefed®vs us+ wg  wefodivs
, Vs Vs E Vs Vs
=r 4 NsUs Us+ Wg wWsfsd3vs
Vs
"R, 1 F
B= vg —fg —Sfodivs
r'ns 1 vs Ms &
= n% E  fodvs+ vfsd®vs B

S Vs Vs
Gs

= Zns(E+u B

o Ns(E+Us B)

We further introduce two uid de nitions:

The total pressure tensor . One can notice that ! is a symmetric tensor

O = mg  ws wsfsdvs (2.15)

Vs

The collisional momentum sourceR ¢

Rs=ms WwsCsdvs (2.16)

Vs

Finally, the momentum balance equation writes:

€
tot

@(msnsus) + r MsNsUs  Us+ Ms ¢ = Ghs(E+us B)+ Rs (2.17)

2.1.2 Second moment: energy equation

The derivation of the second momentum of equation|[(2.) is detailed in Annex A and leads to:
E

"1 1
@(ng"s) + r SN "s Us+ Ug o)+ 5 MsWs  Us wef sd®vg + Qs (2.18)
Vs

1 1
= 5&Ns(E Ustus E)+ Wg* P4 Hs+ S(Rs Us+us R
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Using the de nition of uid quantities for the momentum of second order:

the energy tensor"s:

1 1
Ns"s Emsnsus Us + > tsot (2.19)
the pressure ux tensor Qs:
1 3
Qs = éms Ws  Ws  Wsfsd®vs (2.20)

Vs

the collisional pressure source tensoHs:

1
Hs= Sms  Csws wsdv (2.21)
Vs

the work tensor of the Lorentz forceWYs B:

1
WYs B - éqs ((vs B) vs+vs (vs B))fsdlvs (2.22)
Vs

Equation (2.18) is a tensor equation providing the transfer of energy in the three space directions.
Such precision is usually considered super uous in standard plasma uid codes as the pressure is
assumed quasi isotropic due to collisions. In this framework, the resolution of the tensor equation
would be a unnecessary numerical cost. The resolution of the total energg ' is considered su cient
to describe the transport in the edge plasmas. The equation of the energy evolution is obtained by
taking the trace of the equation (2.18) and leads to the following scalar equation:

€ S
@ +r  Efustus '+ 0s = NsE Us+ Qs+ Rs Us (2.23)

where :

€ S
Ps = %Tr ©t js the scalar pressure
EL = Imgngjusj? + 3ps is the total energy carried by the speciess
Qs = 3Ms ,_jwsj?Csdvs is the collisional energy source

s = 3Ms ,_jwsj?wsfsd®vs is the heat ux

2.1.3 Braginskii closure

The Braginskii closure on plasma uid equation [Braginskii 65] is a closure for uid equations of 2nd
of 3rd order. This closure was developed in the frame of a strongly magnetized and highly collisional
plasma,iel¢, e land! i 1where! . and .- are respectively the cyclotron frequencies and
the collisional times for electrons and ions. In this limit, the plasma is close to the thermodynamic
equilibrium and the distribution function exhibits a quasi-Maxwellian shape. It gives a closure for the
following undetermined quantities: the friction terms Rs, the collisional energy sourceQy.s, the total
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pressure tensor ©!, the heat ux os. The principal results for single ion species plasma are recalled
below.

The collisional momentum sourceR s is made of two contributions: a friction force RY due to the
relative velocity between ions and electrons, and a thermal force due to the temperature gradient. For
electron, one has:

3 ne

€
Re= RY+RI=en. b+ 2j,  0:7Iner (Te b r»Te (2.24)

2l e

where | and -, are respectively the parallel and perpendicular Spitzer resistivities. Moreover, one
hasRe.= R;.

The collisional energy sourceQy.s writes:

Qi = 3%'0976'3' for electrons (2.25)
|
. . 1 . i .
Que= «ig+ 2j%+ o) RS %u for ions (2.26)
e i e

The total pressure tensor can be decomposed in a scalar pressure part and a tenspr (2.27). This
decomposition is motivated by the fact that the pressure is assumed to be quasi isotropic in a high
collisional plasma.

St =psl + 5 (2.27)

The Braginskii's tensor can be itself decomposed in 3 components : a viscous tensor, a Finite Larmor
Radius tensor, and a residual tensor[(2.28). Their expressions are detailed in Annex]A but one
will retain that ¥ is the term of higher magnitude. Moreover, the diamagnetic cancellation shows
that the di erence between the divergence of the diamagnetic advection and the one of the B -drift
advection is compensated by the highest term of the g r divergence. This simpli cation will be used

to replaceu by u, g in the uid equations and allows to suppress the contribution of fR.

Brag — vis FLR res
S - S + S + S (2-28)

The heat ux ¢ is made of two contributions: a friction force, and a thermal force due to the existence
of the temperature gradient.

€ S 3
Qe=ag+ al =0:71pe U Uy b+ >, Pe b (ue, ui,)

= C €

S Pe
r T r »T — b r»T 2.29
e! kle e ?le 2me!ce ? le ( )
ai = il o« inl oTi+§ P p ot 2 Ti (2.30)

k ? ¢ 2melce [

where -, are respectively electron and ion thermal conductivities.
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2.2 Drift ordering

The motion of a particle in magnetic eld presents:two main components, a free parallel motion at a
velocity of the order of the thermal velocity cg Ts=ms, and a cross- eld circular motion around

the eld line (the cyclotron gyro-motion). Moreover, the presence of non-uniformity of the magnetic

eld or of an electric eld induces a transversal motion the guiding center which moves away from the
magnetic line. Such motions are called the drift velocities. The contribution of the gyro-motion in the

uid velocity is null apart from the drift e ects. Thus, the uid velocity of species a s is decomposed
as follows:

Us = Ugs+ Uo:s = Ub + Us s
where uyb is the parallel motion and u-, .5 is the contribution of the drift velocities.

In order to nd the expression of the drift velocities, one applies the so-called drift ordering used in
the frame of the uid modeling. This drift ordering relies on the assumption of two small parameters:

The frequency of studied phenomena is assumed to be smaller than the cyclotron frequency and
gives us the rst small parameter ", (2.31).

| = — 1 (231)

The characteristic plasma perpendicular length is supposed to be higher than the Larmor radius
and gives us the second small parametel; (2.32).

I | (2.32)

drift of 1st order drift of 2nd order

Note that the parallel velocity is at least of the same order than the zero order of the cross eld
motion, i.e the cyclotron motion : juy.sj VT L=!¢, where vy is the thermal velocity.

2.2.1 Dirifts of order 1

In order to isolate u- .5, we estimate the transversal projection of the rst moment equation by taking:

" € S —
B @(msnsus) + r MgnNsUs  Ug + got = ghs(E+us B)+ Rs (2.33)

Using the splitting of the velocity into parallel and perpendicular contributions, and assuming a
magnetic eld constant in time, the equation can be rewritten as :

€ S €
@(MsnsB  U,)+ B 1 (mgnsus Ug)+ B 1 O = gns B E+B%u;s +B Rs
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First, we can start by neglecting the following terms of an order higher than one with respect to",

or 7.

I Ms@(nsB  u»is)]j ms'u » L " o(1)

The second term of€the left side oféthe eqélation one can disstinguish several contributions:r
(mshsus  Ug) =1 msnsuk;szb b +r MgNgU.sb U2 + 1 (MgnsUs:s  U2:s). The two
last terms are of an order higher than one and can be neglected in the drift ordering, indeed:

€ S
jB r msnsuk;sb Uo:s | MsNsCsU» Ko L o(1)
jGsNsUs? B2 Gnsu-B 1o !
josNsuss sB?j ®Nsu-B 7

For the rst order, one retains only the viscous part of the Braginskii stress tensor (see Anne@\):

Bra vis FLR . res vis
s 9 s as s v << s (2-34)

Moreover, apart from the curvature terms, which are neglected here, the divergence of the viscous
stress tensor can be rewritten as_ [Bu erand 17]:

€ S 1 € S €€ SS €

K = 30 P P Pk P> b b+ pc po (2.35)

With =b rb

Finally, retaining only the term of rst order, the projection of the momentum equation can be
rewritten as :

€ kS €
B r mensu?lb b+ X +B r,p=qgns B E+B%ss +B Rs

Thus we get:
€ X S )
E B B rops B r msnsuygb b B r, § B Rg
U2is= g2 ¥ ThqB? NeGB2 T T Na%B? | NageB?
% BBT e N %
_E B B r?(p?)+B r msnsug+ P Po B . B Rs
~ B2 Ns0sB 2 Ns0sB2 Ns0sB2

In the hypothesis of low (ratio of kinetic and magnetic pressure), assumed in the edge plasma
modelling, the scalar pressure becomes isotropic, ijp» pcx 0. In the following, we will consider
an isotropic pressure and we neglected the terms of collision iR s even though it can be a disputable
simpli cation at very high collisionality. The 1st-order perpendicular velocity is nally given by the
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Figure 2.1: (a): lon and electron drift in magnetic eld due to electric drift (particular representation).
(b): lon drift due to diamagnetic drift (uid representation)

sum of theE B drift ug, the diamagnetic drift u , and the centrifugal drift Ucen::
5 € 2é
r MmsnsU
:EZB+B ngs_'_ stkB
1By (DB NGB }
Ug u

Ucent

(2.36)

1
Us?

We now discuss the physical meaning of these three drifts.

Electrical drift u g:

In the presence of an electric eld, E the cyclotron motion of a charged patrticle is distorted. For
example, if one considers an electron, the electron is accelerated liy (i.e presents a larger Larmor
radius), in the part of the gyro-motion where the electron velocity is in the same direction than the
electric eld E. Conversely, in the part of the gyro-motion where the velocity is in the opposite orien-
tation than E, the electron is slowing down (i.e presents a smaller Larmor radius). This modi cation
of the gyro-motion implies an averaged perpendicular motion of the gyro-center as schemed on Fig.
a).

For ions, the E force applies on the patrticle is reversed, however as the particle turns in the
opposite direction, the nal drift is consequently in the same direction as for electron. This drift
depends neither on the particle charge nor on the particle mass. Thus it does not create any current
for a quasi-neutral plasma.

Diamagnetic drift u

The diamagnetic drift velocity is a uid drift as it does not come from the drift of a single particle
motion but results from the collective motion of an high number of particles (statistical e ect). As
illustrated on Fig. b), the presence of a pressure gradient induces a spatial inhomogeneity of
cyclotron velocity distribution. This spacial inhomogeneity results in global motion of the uid.
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However, each the gyro-center of each single particle does not move. And one can show that the
particle ux associated with this drift is divergence-free except for the e ect of the magnetic eld
curvature:

_1” 1
r(nsu)= P rps r 52 ‘B (2.37)
In fact, in the uid codes used in this work, the diamagnetic drift is replaced by the so calledr B
drift u, g = 2TSL§£, as it can be shown that the divergences (nsu )andr (nsu, g) coincide

(see Annex A).

Conversely to the diamagnetic drift, the r B drift can be understood from a particle point of
view. The dierence of B implies that the Larmor radius of the particle is smaller on the size of the
gyro-motion where B is the strongest (| / 1=B). Following the same lines of thought as forug
drift, one understands how ther B drift induces a drift of the particle with a direction depending on
B r B.

Note that the diamagnetic (or r B) drift is charged dependent and thus drives current for a quasi-
neutral plasma.

Centrifugal drift u  cent:
The centrifugal drift is also a drift due to the inhomogeneity of B along the particle motion. This
drift comes from the di erence of B that the particle experiences along its parallel motion, when in
the case ofr B drift it comes from the inhomogeneity encountered along the transversal gyro-motion.
The centrifugal drift is a curvature term, but can make a signi cant contribution to the radial ux
whenu, vy . This contribution is of the same order as the one of the diamagnetic or B drift. In
the uid modelling, this term is sometimes neglected under the hypothesis of a small Mach number.
However, this drift should be considered as 1st-order term in the drift ordering, especially in the case
of large amplitude ows.

The role of the drifts in the transport is twofold:

First the drifts plays a role in the dynamics of the turbulence. Indeed, the diamagnetic drift
is a mechanism of destabilisation of the turbulence and the electrical drift is the mechanism of
advection of the intermittent structures.

They also play a role in transport from their averaged contribution. Indeed, the E B and
r B drifts bring forth large scale ows, which play a role in the steady-state equilibrium of the
plasma.

2.2.2 Drift of order 2 : the polarisation drift

The same methodology, than the one for the drift of order 1, leads to the expression of the drift of
order 2, called the polarisation drift (2.38§).
g . € S
mB € _€ S € SS B r l+Rs

@ nsU?;s1 +r nsU?;s1 us + NeGeB? (2.38)
s

u = —
pol nstBz

The polarisation drift is an inertial term proportional to the mass of the particle. Thus, as
mi=me 1000 1, only the contribution of the ion polarisation drift is taken into account in the
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uid model. Moreover, usy, depends on the particle charge, thus as the diamagnetic drift, it generates
currents.

This drift is of the second order, that is to say of an order of magnitude lower thanug and u .
Nevertheless, this drift plays a signi cant role in the equation of current conservation, as the divergence
of the current associated withup is of the same order as the one associated with . Moreover, the
electric drift does not induce any current. Consequently, one needs to keep the contribution of the
polarisation drift in the divergence operator of current advection to have a coherent ordering, but it
will be neglected in other advection terms. This last simpli cation, made for computational reasons,
is disputable, asr (nu ) andr (nupg) are of the same order. However, the fact thatr (nug) is still
of an order of magnitude higher makes it reasonable.

2.3 Physic of open eld lines

The SOL is a speci c region as it is comprised in-between the hot core plasma, and material PFCs.
In this region, the plasma following the magnetic eld lines, intercepts the material walls, leading
to a plasma{wall iteration. At the solid surface, the ions and electrons recombine and neutrals are
transported back in the plasma. Thus the wall acts as a sink, but also as an indirect source for the
plasma. These phenomena are not studied in details in this thesis but are of a key player for the peak
heat ux management at the target. For example, this is the mechanisms involved in the physic of
the detachment regime, crucial for the operation of future devices (secti05).

Moreover, the charged patrticles arriving at the wall interact with it, which leads to a modi cation
of the electric elds in this region. This phenomena induces speci ¢ boundary condition for the SOL
plasma at the PFC, which needs to be correctly modelled for a coherent uid code.

2.3.1 Boundary conditions at the wall in uid models

E)ns and electrons present di erent thermal velocities at the same temperature, i.€le = T, Vr.e=Vy, =
mi=me 1. Due to this di erence of velocity, the wall intercepts initially a higher ux of electrons
than of ions, and thus charges negatively. Consequently, an electric eld arises in the vicinity of the
wall. This electric eld accelerates ions, and slows down electrons until an equilibrium state is reached

where ion and electron uxes are equal.

Due to this mechanism a thin zone of charged plasma is observed in the proximity of the wall. This
region is called the sheath region. The characteristic width of the sheath corresponds to the Debye
length ), that is to say the scale length of screening of an electric charge:

E
- ol
0= o (2.39)

where " is the vacuum permittivity. For a typical SOL plasma density of 101° m 3, an electron
temperature of 50 eV, p is about 10 ®> m. Hence, the typical width of the sheath is of several order
of magnitude lower than the parallel lengthL, =2 gR 100 m.

Two regions of the SOL can be distinguished : the sheath region, and the remaining plasma
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Figure 2.2: Scheme of the sheath region and the quasi-neutral plasma

satisfying the quasi-neutrality assumption. The Poisson equation writes di erently in the two regions:

d? e
—— = — (ne n;) for the sheath (2.40)
dz? 0

ne n; for the quasi-neutral SOL (2.41)

where z is the coordinate in the parallel direction.

Considering the negligible thickness of the sheath, this region is not explicitly modelled in uid
codes. However, they are taken into account via the boundary condition at the target, so-called the
Bohm conditions. These boundary conditions are derived below, and determine the equilibrium of the
main quasi-neutral plasma.

2.3.2 The Bohm condition

In the following, sheath is assumed to be collisionless due to its low width, smaller than the mean free
path. Moreover, the inertial terms of electron will be neglected and the plasma in the sheath region is
assumed to be isothermal. In a rst part, we derive the Bohm condition under the cold ion hypothesis
(T; = 0). The momentum balance equation ) for electron in the parallel direction can be then
rewritten as:

I kPe = Ne€Ey (2.42)
kg Ter kNe = Neer (2.43)

giving the Boltzmann's relation:

, E
e( 0)

e

(2.44)
We now estimate the acceleration of the ion due to the di erence of potential between an upstream
point and the sheath entrance. Under the cold ion and collisionless assumption, the energy conservation
energy for ions gives:
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1=2mivi = e (2.45)

Moreover, assuming that the only source of ion is upstream, the parallel momentum is constant
(njvx = constant), and one can combine particle and energy balance to get:

E
Ni = Ns€  se= (2.46)

where 'se' stands for sheath entrance.
Using (2.44) and (2.46) the Poisson equation[(2.40) then writes:

d? e’ " " e( )CECE
se S€,
- = = _s€ - > 2.47
The Taylor expansion of the previous equation as a function of the small parameters se >
0 gives:
d? en e 1 &
se
= — 2.48
dx2 "0 ke Te 2] sd ( :
which admits a non oscillatory solution only if:
e 1 &
— 2.49
keTe 2 s ( )

This expression is equivalent to the following expressionO), usually called the Bohm criteria.

Vse Cs With c5 = - (2.50)

This result can be generalized for hot ion plasma [Stangeby 00] by modifying the expression of the
sound speed as following:

kg (Te+ Ti)
= —= 2.51
Cs - (2.51)
where is the polytropic index, in particular =1 for an isothermal plasma.

2.3.3 Solid Surface with an oblique angle with B : Bohm Chodura Condition

So far, the magnetic eld lines have been assumed to be normal to the solid surface. However, in
realistic Tokamaks, it is not the case. In fact, a large angle between the target normal andB is
desirable in order to decrease the peak heat ux at the targetgyeak = G COS ( ), where is the angle



2.4. Turbulent codes : TOKAM3X 31

between the solid normal andB.

In this con guration, one needs to take into account the transversal drift into the previous deriva-
tion of the boundary condition, which leads to the so called Bohm-Chodura boundary condition
[Chodura 86€]: =

-€ S - . -
j ukb+us  nNuanj  Gsjb Nwanj (2.52)

where nq is the normal to the solid wall, and with the ux directed towards the wall.

2.3.4 Bohm conditions for energy balance

The sheath derivation permits to deduce the plasma out ux at the sheath entrance ¢. However, the
energy out ux has still to be determined. Considering a collisionless sheath, the heat ux has to be
convective and expresses as:

Ck = ekB neTe se and q = |kB nT| se (253)

where ¢ and ; are the sheath transmission coe cients. Their expression can be found in Ref.
[Stangeby 00], and we have, 5, ; 25.

2.4 Turbulent codes : TOKAM3X

In this section, we details the derivation of the equation of the code TOKAM3X in this anisothermal
version, one of the three codes used in this work. This code has been chosen as the two others models
studied TOKAM2D, and SolEdge2D are somehow reduced models of TOKAM3X.

TOKAM3X is a rst principle 3D turbulence uid code for edge plasma, which has the speci city to
run in exible and realistic geometry. The code solves uid equations for a quasi-neutral plasma based
on the Braginskii's closure and the drift approximation presented previously. Recently, the code has
been extended to an anisothermal version with self-consistent resolution of the temperature dynamic
and gradient. Before, the code solved an isothermal set of equations with temperature constant in
space and time.

TOKAM3X is a ux-driven code, hence, the quasi steady-state equilibrium proles are self-
consistent. The system is driven by volumetric sources of density, parallel momentum and energy,
which models the plasma in ux from the central plasma. The volumetric sources are symmetric in
the poloidal and toroidal direction and are located at the inner boundary with a Gaussian shape in
the radial direction.

Moreover, di usive terms are added to the balance equations. Such terms represent the dissipa-
tion mechanism at scales smaller than the mesh grid, thus not modelled self-consistently. They are
mandatory for the numerical stability of the code.

Above the Braginskii's closure and the drift approximation, TOKAM3X makes further hypothesis in
order to obtain the nal set of equations:

TOKAM3X is an electrostatic code: the e ects of magnetic uctuations on the transport are
neglected under the low hypothesis. Here, only the electric potential uctuations are taken
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into account. With this hypothesis, B is considered constant in time and the electric eld is
equal to the gradient of the electric potential

E= (2.54)

Me=mMm; 10 3, therefore, inertial terms of electron are neglected with respect to the ones of
ions.

The parallel resistivity,  and the parallel thermal conductivities .. are also simpli ed in the
version of the code presented in this work. The parallel Spitzer resistivity ,, which normally
depends on the temperature, is taken constant in time and space. In the case of the parallel ther-
mal conductivity only the temperature dependency is conserved and we take y.q=j = Ko;e:iTS=2
where K ..=j are constant parameters.

A Boussinesg-like approximation [Hinton 71] is realized on the current balance equation (see

section|2.4.4.4).

The centrifugal drift, only recently implemented in TOKAM3X, has not been taking into account,
and the diamagnetic drift is replaced by ther B-drift under the diamagnetic cancellation (see

section[2.1.3).

Note, that the drift of order 2, i.e the polarization drift, is kept only in the charged balance as

the current divergence of this drift is of the same order than the one of the drift of order 1. In the
other equations, only the drifts of order 1 are kept even though, as mentioned in section 2.3.2, this is
a disputable simpli cation.

2.4.1 Magnetic con guration

The magnetic eld, constant in time in TOKAM3X, is xed as an input parameter of the code. The
magnetic equilibrium is assumed to axisymmetric (i.e toroidally symmetric) and is thus described
using a 2D map of the poloidal plane. The code allows to use complex realistic geometries including
X-point con gurations. However, in this work, the studied simulations are restricted to limiter con g-
uration. For such magnetic con gurations, the magnetic equilibrium is determined by two parameters:

a toroidal ux number F = BgRg and a 2D poloidal ux function . The magnetic eld is computed
accordingly, using the formula:

B = Bror + Bpo = Fr ' +r re (2.55)

where By and Bq are respectively the toroidal and poloidal magnetic eld, and' is the toroidal

angle. The iso- surface are tangent toB and label the ux-surfaces.

The meshes used in TOKAM3X are aligned to the ux-surface. They use the covariant and con-
travariant basis associated with the curvilinear coordinate system (; ;

), where is the coordinate

along the poloidal direction.
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2.4.2 Boundary condition

In the paral@l directions Bohm-Chodura boundary condition are imposed at the magnetic pre-sheath
entrance :j ub+ U>  Npar] Gsjb Npai], Ge = eKpNeTe seand g = kgnT; se

In the perpendicular direction, Neumann conditions are imposed at the inner and the outer boundary.

2.4.3 Normalisation

In the code, all quantities, F, are normalized with respect to a reference quantity. The dimensionless
variables are denotedf, and de ned by P = F=F, where Fy is the reference quantity.

The reference densityng, and temperature To are chosen as typical values at the separatrix in
Tokamaks. The reference magnetic eldBg is de ne% as B on the machine magnetic axis. Spatial
gquantities are normalized to the Larmor radius | = g“B‘OTO, and time to the inverse of ion cyclotron
frequency ¢ = %e. Accordingly, electric potential , and the parallel velocity are respectively

normalized to T—eo and Cs;p = ;jol The reference quantities are reported on Tab.l, as well as the
typical value of this quantity observed in Tore Supra at the separatrix.
Quantity ns(m 3) Ts (eV) (V) B (T) | time (s) | distance (m) | us (m.s 1)
E
Normalization No To o= To=e| By It L Cs0= To=m
Tore Supra |5 10 1019 30 30 31 3 1 2 104 5 10

Table 2.1: Normalizations in TOKAM3X

In the following, the normalized quantities will be denoted with upper-cases and the over paren-
thesis will be omitted for a reason of simplicity of notations (N for density , P for the pressure,
for the potential, etc...)

2.4.4 Braginskii equation in Tokam3X
2.4.4.1 Continuity equation

Considering the quasi-neutrality assumption (e = n;), it is equivalent to solve the electron or the

ion continuity equation. In Tokam3X, we choose to solve the continuity equation for electrons )
because the drifts are simpler to solve for electron as the polarization drift { m¢) can be readily

neglected. In the case of density, the divergence afu and nu; g are rigorously the same (see Annex
[A), and we de ne the electron perpendicular velocity as:

U?:e = Ug + Ur Bee (2.56)
The dimensionless continuity equation then writes:

€ € SS
@N +r N Ukb+ Ure =T (D?NI’ ?N)+ SN (2.57)



34 Chapter 2. Fluid modelling of the edge plasma

wherer (D,nr - N) is the diusive term modelling small scales and Sy the source of particle in
the core region. Note that in TOKAM3X the electron parallel velocity is in fact replaced by the ion
parallel velocity (ux  Uge Uy i.€ ji is neglected) due to numerical considerations.

2.4.4.2 Parallel momentum balance equation

This equation is obtained from the parallel projection of the momentum balance equation |(2.35) of
both electrons (2.58) and ions|[(2.5P), where the electron inertial terms and the divergence of Braginskii
tensor are neglected.

e e V%z NeeEy r gpet+ Ry (2.58)
m @ +r ki(Ugib+ uoi  =njeEe r pi R+ S, (2.59)

Where S | is a source of parallel momentum on ions.

The sum of two equations, combined to the quasi-neutrality assumption and the diamagnetic cancel-
lation, becomes after normalization:

€ £ SS ° i i <
@i+r i Uit Uz = T k(Pit P+ Dy Nroor+Dongr 2N +S - (2.60)

€ S
where ; = Njuy;b is the ion parallel momentum, and r D> Nr o+ Dongr 2N is the
di usive term modelling small scales.

2.4.4.3 Parallel Ohm's law

The parallel current conservation also comes from the ion and electron momentum equations. However,

the inertial terms of electrons are not neglected in a rst stage, and the equation on ions is multiplied

by me=m; which leads to:
€ € € B S

Me @ et I ke(Ugeb + Ure = ne€Eg 1 ype T ad b+Re+S, _ (261

€ S me€ Brag

Me @ ;i + 1 kiU + Uz = = nieB royp T " b Re+S, (262

I

N
(08

(@)

Here .= are non-normalized quantities

The di erence of equation (2.61) and {2.62), neglecting now all the terms inme=m;, and using the
electrostatic assumptionE, = r | , writes:
€ € SS € € SS
Me @ ket T kieUk:eb Me @ i+ KiUib = neeEg 1 ype+ Ry (2.63)
Electronic inertial terms and the divergence of the Braginskii tensor are neglected with respect to the

electrostatic force. Moreover, the parallel projection of the ction term Ry given by Braginskii closure
@ leads toRy = ene jx 0:71ner Te for a hydrogenic plasma. The parallel current conservation,
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also called the generalized Ohm's law, becomes after normalization:
kNI =1 (Pe N1 | +0 :7INr kTe (264)

2.4.4.4 Charge conservation

At rst order, the charge conservation writes:

€
rgj=r gkb+r (G)+r (pa)=0 (2.65)

wherej and jpo are respectively the diamagnetic and polarization current.

The charge balance equation is expressed as a function of the generalized vortici66), denotéd.
Under the Boussinesq approximation , the generalized vorticity writes:

A <

L 2 * 1 r-Pi (2.66)

W=r
NB 2

g2’

The development of the charge conservation (not detailed) leads to the following normalized equation:
€ £ SS € S

@VN+r1r W utusi =1 (N(Urgi Urge)tr Jb +1r (Dowr W)+ Sw (2.67)

wherer (D,owr » W) is the di usive term modelling small scales, andSy a source of vorticity.

2.4.45 Electron and ion energy balance equations

In both electron and ion energy balance equationsS), we keep only the parallel contributions, the
ones of highest magnitude @, | u-j), from the terms ncE us and Rs us in coherence with the
drift ordering. We thus keep uy.;Rg, nuy;Ey. Note that as for the equation on density the electron
parallel velocity is replaced by the ion parallel velocity in the energy balance equation.

I\éloreovgr, as done for the parallel momerntum gquation, the anisotropic part of the pressure tensor
r e Bragé is not kept in the equation: r Vis | p. p» O underthe low assumption and
r FLR ~ disappears in the frame of the diamagnetic cancellation.

The heat uxes (R.68) and the friction sources [2.69), from the Braginskii closure, are further simpli ed
keeping the terms of highest magnitude because the others perpendicular terms are negligible compared
with turbulent or drift transport.

5=2
Qe=i = KoesiToi T kTe=ib (2.68)
where K ¢..-j are constant parameters de ned as an input of the code.

e Ne
Qui = Qk;e:3%i ST T) (2.69)
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Finally, the energy conservation equations, in the normalized form, writes:

€ eS € eT5=2 S e i
. <

E
+Quet I Dot Nr - Te+ D?Nﬁer >N+ Sg,

€ . e €. S i

@Ei+r (Ei+P)ug+Eu, =r KT Tib  Pr  u, + Eg N Rk @71
. E .(

+Qyi + 1 D?TiNr?Ti"'D?NWIr N+ Do jr ?WI + Sg,

€
2
whege Ee = SNeTe, Ei = 3NiTi + 0,1 DorNr »Te+ DonEer oN
r Dor,Nr »Ti+ Don %r >N+ D, ir o arethe diusive terms modelling small scales, and
Se. and Sg, are sources of electron and ion energy.

2.5 2D uid models

In the family of uid models, one nds also further simpli ed model with 2 main types of 2D codes,
later studied in this work:

2D slab geometry model: turbulence code where the parallel dynamics is simpli ed with the
assumption that k, = 0 and with a simpli ed geometry. This is the case of TOKAM2D, used in
Chapter 3, to study the basic properties of heat turbulent transport.

2D mean-transport code : laminar code in realistic geometry, in which no self-consistent turbu-
lence is solved, and turbulence is arbitrarily set via a di usion coe cient. This is the case of
SolEdge2D, used in Chapter 4, to study the drift transport in the limit of low anomalous trans-
port. Note that in this largest version, SolEdge2D contains physics not included in TOKAM3X:
neutral inclusions, and realistic walls. However the model used in the most part of the chapter
4, can be considered as a reduced model of the TOKAM3X equations.

code TOKAM3X SolEdge2D TOKAM2D
type 3D turbulent uid 2D mean elds uid code 2D turbulent
geometry realistic realistic including the walls 2D slab
computational time 2 410 s 4 81C0°s 100 2 10°s
for a simulation

Table 2.2: Comparison of the di erent models : geometry, and computational cost






Chapter 3

Mechanisms of heat turbulent
transport in 2D slab geometry

Turbulent transport of particle has been widely discussed and described both experimentally and
theoretically. However it is not the case of heat turbulent transport, especially for ion energy transport,
since in experiment electron temperature uctuations are hard to measure and the ion temperature is
practically unknown in the edge plasma.

In order to have an insight into the basic properties of heat turbulent transport, we rst investigate
the turbulence characteristics, and the resulting heat transport, in a simple slab geometry which does
not include complex geometrical e ects, and only re ects basic properties of turbulence. Moreover,
the fast resolution of Tokam2D allows to scan the main parameters of the model in a short amount of
time which would be too costly in a 3D model such as Tokam3X.

The impact of the inclusion of both electron and ion temperatures dynamics on turbulence and
resulting heat transport are discussed in this section. Special focus is devoted to the contribution of an
additional mechanism due to the interaction of sheath boundary conditions withTe uctuations, called
the Sheath-driven Conducting-Wall (SCW) instability, in simulations including electron temperature
dynamic, and to nite ion temperature e ects in simulations including ion temperature dynamics.

3.1 Tokam2D: reduction of uid modeling to a 2D model

3.1.1 Model

Tokam2D is a ux driven 2D uid model, as TOKAM3X detailed in the previous section, derived from
the two rst momenta of the distribution function for the isothermal version [Sarazin 98] Sarazin 03],
and from the three rst momenta for the anisothermal version [Marandet 16]. The 2D treatment of
the turbulence comes from the so-calledute hypothesis which assumes constant perturbations along
the eld lines, that is to say k, = 0, based on the fact that, in tokamaks, transport along the eld
lines is much faster than in the cross- eld direction. The parallel losses are then modeled by taking
the averaged loss along the eld line between the two targets, and are represented by the sheath
conductivity coe cient

Tokam2D uses also a simpli ed geometry, the so-calledlab geometryin which only a thin poloidal
extent is treated in the limit of large aspect ratio, so that the magnetic eld is considered locally as
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straight lines and the e ect of magnetic curvature is set by a free parameter denotedy. In the slab
geometry X and y represent respectively the radial and poloidal directions.

The model solves the Braginskii's uid equations for particle conservation [3.1), charge conservation
(B.2) and electron and ion energy conservationg (3]3){(3}4) as follows:

i <

@N +[ ;N ]= Ncsexp T + DnT 3N + Sy (3.1)

@W +[ ;W ]= %@(Pw Pi)+ Cs.l eXp. Te« + 12w (3.2)
@.ipe(+.;:;’Pe - e Te(+ er%fP; Se. e lPe P) (3
@.gpi<+.; gPi = iPic+ ir%.gpi<+sEi+3rrT:eel(Pe Pi) (3.4)
W=r3 +r .Neri( (3.5)

where ¢5 = pﬁ is the normalized parallel acoustic speedPe = NTe and P; = NT; are re-
spectively the electron and ion pressureW is the generalised vorticity expression under Boussinesq's
approximation, and [a; bl = @Qa@b @a@bis the Poisson bracket, representing thee B advection.
Like in Tokam3X all quantities are normalized: spatial quantities to the Larmor radius |, time to
the inverse of ion cyclotron frequency s, computed with respect to a reference temperaturely and
magnetic eld Byg.

3.1.2 Parameters

In this chapter, the turbulence characteristics and the resulting cross- eld transport are discussed
when releasing step by step the assumptions of the cold ion isothermal model, referred simply as
isothermal model in the following:

1. addition of the self-consistent variations of electron temperature governed by the equatioS),
this reduced model is referred as anisothermal= model;

2. inclusion of nite ion temperature term in the expression of the vorticity, and addition of the
self-consistent variation of ion temperature governed by the equation[(3}4). The model is referred
as full anisothermal model).

In this chapter, the cold ion assumption in isothermal and anisothermald, simulations is replaced
by the simpli cation of vorticity expressionto W =r 3 , i.e. suppression of the nite ion temperature
term in the vorticity expression. In fact, this is equivalent to a cold ion hypothesis, while keeping the
terms proportional to (Te + T;) at the same amplitude. Thus, for isothermal and anisothermalTe
simulation, ion temperature is taken constant equal to 1 in the curvature term, (( g(Te + T;)), the
sheath loss term ( Te+ T;), and T; = 0 in the vorticity expression.

All simulations are run for a grid of 256 256 | and with an integration time of 0:2 1 D;;
are respectively the cross- eld di usion, viscosity, and thermal conduction coe cients, taken equal to
5 103 E sl, of the order of neoclassical di usion coe cients. The in ux from the core plasma
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crossing the separatrix is mimicked by a Gaussian volumetric density source at the inner boundary,
Sn/ exp (X Xp)?= 2 ,with xo =16 and « =8 and homogeneous in the poloidal direction. The
corresponding electron and ion energy in uxSg__ are equal to o-; Sy where o is the normalized
thermal energy carried by one electron/ion. The terms %”—f c 1(Pe Py) are collisional terms where
me, M; and ¢ are respectively the electron mass, the ion mass and the characteristic time of electron-
ion collision. The normalised oating potential, , is equal to 3 :88, and the electron and ion sheath
heat transmission coe cients .; are respectively set to 5 and Z. Here, the free parameters arey,
and .- scanned to study their impact on turbulence and transport. In a diverted con guration the
sheath conductivity would be signi cantly higher in the Private Flux Region (PFR) than in the main
SOL. We study this e ect by running two sets of simulations, one with = pgr =2 10 4 and this

otherwith = goL =1 10 4, somehow representative of this variation between the two regions.

3.2 Main characteristics of turbulence in TOKAM2D

3.2.1 Linear analysis methodology

Even though turbulence in Tokam2D is a highly non-linear phenomenon, it is worth studying the
linear stability of the model as it o ers an insight into the mechanisms driving the heat transport.
In particular, turbulence structures are partly shaped by the linear instability mechanisms, and its
characteristics, for instance structures size, or phase shift between density and potential uctuations,
can be seen as markers of di erent instabilities. This tool will be used all along this chapter, its
assumption and calculation details are recalled below.

The linear analysis studies the stability of a small perturbation to the equilibrium. The method is
based on the assumption that the amplitudes of uctuations are small in regard to the mean elds.
Each eld f is splitin a mean and a uctuating part, respectively f and f f = f + fwith f = Hi,, .
The ordering assumption of small uctuations gives" = f&f 1, so that all the non-linear terms in
"2 are neglected. The balance equationg (3/1){(3]4) and vorticity de nition are developed to the rst
order with respect to ", the calculus being detailed in AnnexB.

We also assume to have reached a steady-state equilibrium in which equilibrium elds are of the
form (B.6). It is worth mentioning here that equilibria found in turbulent simulations are far from
the one estimated by the linear analysis : n:twrb N:lin, evidence of strong non-linear transport.
However, the choice of assuming nonetheless a quasi steady-state equilibrium is justi ed by the fact
that the characteristic times of quasi steady-state equilibrium evolution, i.e. = , ﬁzD are of an
order of magnitude higher compared to the characteristic time of uctuation evolution (inverse of the
maximal growth rate, see in the next section). Thus in regard to a uctuation the quasi steady-state
is constant in time.
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8
N = Noexp( x= n)
Te= Teoexp( x= T.)
% Ti = T.oeXp( X= T1,) (3.6)

with 7, = pl7and 1 = p
Using the Fourier representation of the uctuations of each eld f @) in the linear relationship, one
obtains an equation of the form ) whereM (!;K x; ky) is a matrix depending on! , ky, ky and other
parameters of the system. The system I@ W, b % ‘ﬂ) admits a non trivial solution if and only if
the determinant of the matrix M (!;k x;Ky) is zero. This condition yields to a 4th order polynomial
relationship in ! .

X
= Bk, EXPAK XX + ikyy) exp(! «t) (3.7)
Kx ;Ky
2 . 3
\

b
M (w;kx;ky) 8 W 2=0 (3.8)
Fe
f
This o ers some informations on the temporal evolution of a mode: a mode is unstable, i.e its amplitude
grows in time, if their exists ! solutions of det(M (!;k x;ky)) = 0suchas Re( ) > 0 and is stable other-
wise. And the growth rate of a (kx ky)-mode, denoted , is de ned as maxfRe (! ) : det(M (!;k x;ky)) =0g,
that is to say the growth rate of the most unstable mode.
For each linear mode (, ky, ky) an associated phase shift between density and potential uctua-
tions, denoted n. and dened by . =arg % can be also extracted by substitution and simpli -
cation of the other elds in the linear spectral equations.

3.2.2 Characteristics of interchange turbulence in isothermal simulations

In the isothermal model with no nite ion temperature e ect, the linear analysis (presented in Annex
is considerably simplied. The remaining part of the dispersion relation (det(M (!;K x; ky))=0)
yields to a second order equation in :

12+ bl +¢c=0 (3.9)
€ S e

whereb= (—+ +(Dn+ ko)andc=( + Dnke) =+ ko glé ig - with ko = kf+ kg,
We can observe that theb is a real strictly positive, thus the growth rate is equal to:

K«
b2 4c

= Re
k 2

(3.10)
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(@) (b)

© (d)

Figure 3.1: 2D snapshots of density in log-scale (left) and potential (right) for isothermal cold ions
simulations (top) and full simulations (bottom)

One can readily deduce that the termb has a stabilizing e ect. Small spatial scales (highk-)
are damped by the di usive terms with a stabilizing e ect proportional to k?z, while large scales are
damped by the current parallel loss . The most unstable modekmax will result from the competition
between this two stabilizing e ects. In isothermal simulations, the only instability at play is the
interchange instability, and the destabilization comes from the interplay between the density gradient
and the curvature (i.e. the term / g= )

In turbulent simulations, the particle source induces the creation of a density gradient which
builds up until the interchange modes become unstable. As one can observe on Fi. B.1a) b), these
unstable modes form nite poloidal structures, usually referred as laments or blobs, characterized by
long radial elongations kx < ky). Due to the quasi phase quadrature between density and potential
uctuations, expected from linear analysis, the structures propagate radially advected by theE B
radial velocity. In the far SOL, blobs loose their coherence and split into smaller structures damped
by the di usive e ect.

In steady-state, the simulations present an important intermittent feature, characterized by a
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high uctuation level de ned as the standard deviation normalized by the mean eld, i.e. for density

(N )t;y =hN it;y. Note that in 2D simulations the averaging is made both in the temporal and poloidal
direction assumed to play the same role on the statistics (ergodic hypothesis). In the TOKAM2D
simulations, the uctuation level of density is of the order 10% to 50% in relatively good agreement
with experimental results [Horacek 10, Hornung 13]. This turbulent ux starts from the source and
propagates outward radially in a quasi-ballistic motion, with a characteristic velocity of the order of
0:05¢; of the same order of magnitude as found in Ref.[ [Myra 06]. The probability density function
(PDF) of the E B ux is far from a Gaussian and presents a large positive tail representative of
rare but strong ux event in the outward direction responsible for the largest part of the transport
[Sarazin 98, Sarazin 03].

3.2.3 Impact of electron and ion temperature dynamics

Properties of turbulent transport in Tokam2D have been largely studied with the isothermal closure,
and using the cold ion approximation, i.e Te = constant, T; = 0 [Sarazin 98,[Sarazin 03], highlighting
the properties of strongly intermittent turbulence. Although the electron and ion temperature equa-
tion structures are rather similar to the density equation, turbulence in the full anisothermal model
presents, for the same set of parameters, signi cant di erences compared to the isothermal model as
illustrated on Fig. B.1]

The most striking e ect is the modi cation of the shape of the intermittent structures. They
present a larger poloidal extends (i.e smalky) and appears to be less radially elongated than in the
isothermal case. Moreover, they do not exhibit the typical mushroom shape observed in isothermal
simulations and the structures appear to stay somehow more coherent, i.e. to spilt up less into smaller
streamers.

In the light of the linear analysis of the anisothermal model, and of the literature, we can already
underline two impacts of the inclusion of temperature dynamics that could be a potential explanation
for these di erences. Each of this e ect will be further studied in details in the following of the chapter.

E ect of the inclusion of electron temperature dynamics:

The Te- uctuations have an impact on the current parallel losses via Bohm boundary conditions. The
inclusion of the Te uctuations in the current sheath Io%ses ter@ modi es the mode number of the most
unstable mode. Indeed, the stabilizing term Csexp, ' includes now T uctuations, and the

linear stabilizing term ¢ ST:k: becomesc % T% It is equivalent to a reduction of the e ective
parallel resistivity, i.e. a reduction of linear stabilizing term of the large scales. Consequently, one
expects that the most unstable mode will be at a lowerky, i.e. larger poloidal structures.

This is the focus of the sectior] 3.B of this chapter. In particular, we will show that the presence
of Te uctuations in the sheath loss is responsible for another instability explaining the modi cation

of turbulence characteristics.

E ect of the inclusion of nite ion temperature e ect:

The inclusion of nite ion temperature e ect, that is to say the inclusion of the dia@agnetic contribu-é
tion to the polarization drift in the vorticity expression (the secondtermin W = r B%rr + ﬁzr Pi )
has been pointed in the literature to impact turbulence properties [Bisai 13,/ Olsen 16, Jovanovt 08,
Madsen 11]. In particular, the study of the seeded blob dynamics shows that it is responsible for more



44 Chapter 3. Mechanisms of heat turbulent transport in 2D slab geometry

Figure 3.2: Scheme of the processes of the Sheath Conductive Wall instability. Time increases from
left to right

coherent structures. This particular e ect will be discussed in the section[3.8 of this Chapter.

Finally, it is worth underlying that electron temperature radial gradient forces the apparition of po-
tential radial gradient (Fig. 3.1]d) via the sheath loss condition. The induced poloidal ow creates an
additive channel for energy transfer between turbulence and mean ow.

3.3 Turbulent heat transport in the presence of electron tempera-
ture uctuations

3.3.1 Superimposition of two instabilities in the presence of self-consistent elec-
tron temperature uctuations

In this section, only the impact of electron temperature uctuations is studied, i.e H =0, =1
andW = r 3 . The main di erence in the linear stability of the model between the isothermal model
and the Te model is the apparition of an additional linear instability [Berk 91, Berk 93] Cohen 94], the
electron temperature gradient instability induced by sheath conductivity, also know as Sheath-driven
Conducting-Wall (SCW) instability, which acts on top of the well-known interchange instability. Let
us rst recall brie y the mechanisms triggering each instability and their principal characteristics:

interchange instability is driven by the curvature of the magnetic eld, and is unstable when
both pressure and magnetic eld gradient are directed in the same direction, equivalenttay 0
in the model. Thus this mechanism is unstable only in the Low Field Side (LFS) of tokamaks.

Sheath Conductive Wall instability is driven by the impact of the Te uctuations on sheath
losses.

As the latter instability is less known we start by brie y explaining its mechanism in the simplest
form. The mechanism can be summarized in 4 simpli ed steps schemed in F[g.3.2. The most reduced
model to explain the mechanisms takes the following assumptions : no density or ion temperature
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uctuations N = 4P‘. = 0, and no dissipative processedD = = =0, so the system of equation
becomes:

. <

pﬁleﬁ

8
E@W+[;W]= (3.11)

3 _
T @Tet+[;Tel= e PeCs€ Te

1. First let us consider a small sinusoidal perturbation of T, (represented by a full blue line) to the
equilibrium (represented by a dashed blue line) in the presence of &, gradient.

2. The sheath condition in the current balance equation will enforced a potential uctuation € in
phase with fe.

3. TheE B advection creates a positive phase shift betweeffi, and € due to the meanT, gradient.

4. For such mode, if one considers a positive structure ofe uctuation, and the direction of
the electric drift ug g, reported in green, one can notice that the part of the positive structure
transported in the counter r T direction is larger than the one transported in ther T direction,
hence the initial uctuation is ampli ed, i.e. the mode is unstable.

We now, study the linear stability of the model, in order to disentangle the roles of these instabilities,
we have set-up reduced models which separate their contribution in the global linear analysis:

reduced model of SCW instability: the interchange instability is simply cancelled by setting the
curvature term to zeros, i.e. g =0;

reduced model of interchange instability: the most reduced way to cancel the SCW instability
is to take away the contribution of the uctuation of temperature in the exponential part of the
par%llel Iosséterm in,the equatigon of current conservation, i.e. replacing the sheath loss term

exp . byexp ety in (B.2).

The linear growth rate as a function of poloidal mode number and forky = O of the isothermal
model and its decomposition in the contribution of each instability, Fig. 3.3a, reveals that the SCW
instability destabilizes larger spatial scales, i.e. is unstable at loweky than the interchange one. Thus
the SCW instability is the one responsible for the fact that the most unstable mode in the anisothermal
model, indicated by a marker, occurs at lower poloidal mode number than in the isothermal model.
In fact the scales destabilized by the interchange instability in the anisothermal case are even smaller
than is the isothermal case due to the additional contribution of the temperature gradient in the
curvature term g.

Another noticeable di erence ir%t\he I'gmear instability is the typical phase shift between uctuation
of density and poten_tial, i.e. arg @=b" The analytical linear results Fig. b. prgqict a phase
quadrature between¥ and € for the interchange instability in the isothermal model (arg 1P=b €. =%
at all ky), when for the full Te model or the SCW reduced model the shift phase between arg@zb
is close to zero at very lowk, unstable modes k, < 0:15 | ), and decreases down to 25 at high
ky in SCW reduged mgdel and down to 04 in the anisothermal model. At the maximal value of the
growth rate, arg =P are respectively equal to @ (SCW) and 0:3 (anisothermal-Ty).
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(@) (b)

Figure 3.3: Linear growth rate (a) and linear phase shift between density and potential uctuations (b)
for Te model, anisothermal SCW, interchange reduced models and isothermal model for=1 10 4

g=4 104 = e 1 71, =30 L as a function of the poloidal mode numberk, and for
kx = 0. The linear phase shift is reported only for mode presenting a positive growth rate

Fig. B.4a. depicts a 2D map of the maximal linear growth rate as a function of the local gradient
lengths andTe, for = ppr, = sovL. The black line is the delimitation between the predominance
domain of the two instabilities ( max:int = max:scw). For the main SOL parameters (left), the
interchange instability has a broader domain of predominance (max:int > max:scw). Yet if we look
at the ratio between the SCW and interchange instability ( max:scw= max:int), Fig. @p we observe
that the ratio is around 1 for the most part of the domain of local parameter, so the SCW instability
is not negligible with respect to the interchange one. On the contrary, for PFR parameters (right), the
SCW instability has a broader domain of predominance. Moreover, for lowTe, expected in the PFR,
the SCW instability is largely predominant max:scw= max:iint > 2. On Fig. b, we also observe
that the ratio  max:scw= max:int decreases withT, for a given value of local gradients and for the two
values of , so the relative predominance of the interchange instability is favored by an increase of
Te. To conclude, we keep in mind that both e ects of and Te on the linear stability favor the SCW
instability in the PFR, which might play an important role in this region.

3.3.2 Modi cation of turbulence characteristics in non-linear simulations with the
additional SCW instability

We now turn to non-linear simulations to understand how the turbulence is in uenced by the additional
SCW instability in light of the linear analysis. The reduced models for each instability applied in the
linear analysis can also be used in non-linear simulations to study separately the characteristics of the
turbulence driven by each instability. Note that in numerical simulations, the averaging of uctuation
of Te in sheath lgss term for the pure interchange model can only be done in the poloidal direction,
i.e exp ATery
Let us start by mentioning that all types of simulations, regardless of the driving instability, exhibit
high amplitude structures of density, potential and temperature (in anisothermal cases) reminiscent
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@)

(b)

Figure 3.4: (a) Maximal growth rate ( max) for anisothermal-T, model, and (b) ratio of maximal
growth rate between SCW and interchange instability, forg=4 10 “and =1 10 * (left) and
for =2 10 “ (right) as a function of Te and y with T, = P

of the so-called blobs observed in the experience. Nevertheless, the characteristics of these structures
change with the model and as a function of the main parametersq, and ).

In order to discriminate the intermittent structures we proceed to a conditional averaging for all
elds f (density, temperatures and electric potential), where we consider only the uctuating part of
the events of high amplitude compared to the mean eld, de ned in (3.12) whereicong is @ conditional
value, and where y (x) is the standard deviation of density in time and space for a given radial
position x. In the following we take icong = 2.

8
2R (txy)=f(Exy) hf (X y)igy for (y;t) N (EXy) h N (EXY)igy + icond N (X)

7 & (EX;y) =0 elsewhere
(3.12)

For a given radial position, each event, or blob, can be de ned by its temporal and poloidal position
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Figure 3.5: Conditional averaging of the intermittent structures of density, potential and electron
temperature normalized by their maxima for isothermal (a) and T (b) simulations

(tb, Yp) corresponding to the local center of mass oﬁ’imnd . On Fig. the averaged elds on all blobs
at the radial position x =70 | on poloidal extend of 30 | on both sides of the maxima are reported for
isothermal and Te model. The shape of such averaged structure shows two main di erences between
the two models: larger structures in the anisothermalde, and a clear re-correlation of the density
and potential uctuations. We can also note that the structures of density and temperature coincide
almost perfectly.

Now in order to characterize the poloidal spatial scale of each intermittent structure, we rst
operate the conditional averaging de ned previously, and restrict our interest to the radial position
where the turbulent structures are fully developed (herex = 70 ). Then the blob poloidal size
is estimated by the autocorrelation length, denotedL ;¢ and de ned as the width at half maximum
amplitude of the autocorrelation function (8.13) on a poloidal extend of 30 on both size of blob
position:

8(to;yb) ifauo ()= Niy (to;y) Wiy (toiy+ )y (3.13)
y

On Fig B.6 the probability density function (PDF) of the autocorrelation length, Lgc, is reported
for the 4 types of simulation : isothermal, Te, and both SCW and interchange reduced model. We
observe that the most represented spatial scale in anisothermal simulation is larger (10 | ) than in
the isothermal simulation (8 ). In light of the linear analysis, this di erence is likely to be due
to the SCW instability, as it is the one destabilizing large scales, when the interchange instability
destabilizes even smaller scales in the anisothermal system than in the isothermal one. Indeed the
spatial scales distribution of the anisothermalT, system presents a similar shape as the one of the
pure SCW simulation, even though the peak around 10_ has a lower amplitude. On the contrary,
the distribution for the pure interchange simulations coincides almost exactly with the one of the
isothermal simulation. We conclude that the SCW has a stronger impact on spatial scales distribution,
even though for this value of parametersg=8 10!, =1 10 'andTe 1, max:int 1S 1:5 times
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Figure 3.6: PDF of poloidal autocorrelation length Figure 3.7: Averaged autocorrelation length in
of density uctuations at the radial position x = anisothermal simulation as a function ofg for =
70 | for -Te, pure interchange, pure SCW and 1 10 *
isothermal simulations for g = 8 10 4, and

=1 104

higher than max:scw. This is in agreement with the results found in the referencel[Sarazin 98], which
proposes that the inverse cascade of energy excites large scales of turbulence. As a consequence, the
size of turbulent structures is mostly determined by the value of the smallest unstable poloidal mode,
and thus determined by the SCW instability.

Besides if we look at the variation of the averaged ot 5c Fig 8.7, somehow representative of the
relative weight of the two types of distribution, we see that the meanL 5. decreases with the increase
of g, namely with increasing max:int = max:scw, con rming that the SCW instability is the one which
triggers the destabilisation of the larger scales. Thel 5. variation with  is in agreement with this
conclusion, but is not reported as less signi cant due to the fact that in this range of T¢ the ratio

max:int = max:scw does not exhibit important variations.

Another noticeable di erence in non-linear simulation is that the addition of T uctuations triggers a
re-correlation between density and potential uctuations. This characteristic is estimated by the rela-
tive phase shift between potential and density turbulent structures denoted - , here no conditional
averaging is operated, however the results are in agreement with the conditional averaging results.
The phase shift is de ned as the arc-cosine of the correlation coe cient of¥ and €

_'Nﬂ _'eﬂ
- yit
yit yit
Isothermal simulations present the typical phase shift of the interchange instability y- = -, whenin
simulations we nd - 0:1 0:15 , Fig. @ If we look at simulations driven by only one instabil-
ity, we note that the phase shift for the full system is almost equal to the one of the SCW instability
N= 0:1 and the one of the pure interchange simulation is closer to the one of the isothermal

system - 0:35 0:4 . Once again the re-correlation of density and potential uctuations can be
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Figure 3.8: Radial prole of - for isothermal, Figure 3.9: Averaged phase shift in anisothermal
Te , pure interchange , and pure SCW simulations, simulation the radial extent [40,125] as a function
for =1 104 g=8 104 =5. Theradial ofgfor =1 104

extent where the turbulence is fully developed in all

type of simulations is depicted by the white area,

whereas the grey zones correspond to the zone of

in uence of the source

attributed to the addition of the SCW instability, this result is the one expected in regard with the

result of the linear analysis. Besides by varyingg, i.e the relative importance of the two instabilities,

we nd that p- increases as max:int = max:scw, I.€. increases withg, and thus the phase shift is a

instability-weight marker. As for L,c variation with  are not signi cant due to a weak variation of
max:int = max:scw IN the range of parameters considered and are not reported on the plot.

Another important result from the conditional averaging Fig. 8.5] is that electron temperature struc-
tures, and even more so electron energy structures, coincide with the ones of the density. This result is
con rmed by the low phase shift between density estimated with this methods: \-y, 0:05 for all
the studied parameters. Thus, in this regime, the energy is transported by the uctuation of density.

The non-local intermittent transport translates into a broadened PDFH of the patrticle turbulent ux
which is positively skewed. The turbulent ux of particle, de ned as n:wb = IQ’@ € is character-
ized by the superimposition of a Gaussian centered on zero corresponding to a di usive-like transport
and a log-normal distribution for the tails corresponding to the intermittent bursts, responsible for the
largest part of the particle transport [Sarazin 03]. On Fig. a., we observe a signi cant reduction
of the PDF tail between isothermal and T, simulation, and positive skewness is reduced within a ratio
comprised between 1.5 and 2.5 depending on the radial position (Fig 3.11) b. The decrease of the
skewness for y:wp could be linked to the diminution of - , that was proved as one of the reasons
for this asymmetry [Carreras 96]. This seems to be con rmed by the shape of the PDF of the reduced
models, indeed the PDF of the interchange reduced simulations, presenting a quasi phase quadrature
between density and potential uctuating parts, is close to the one of isothermal simulations, with
similar skewness 2 [1; 1.5]. On the contrary, shape of the PDF in the reduced SCW simulations

N; turb

!Note that the x-axis is normalized by the standard deviation, the PDF integral is thus not equal to one
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Figure 3.10: PDF of particle turbulent ux ( a) and of energy turbulent ux ( b) for Te, pure inter-
change, pure SCW and isothermal simulations, a Gaussian t of the PDF is reported in transparent
for anisothermal-Te and isothermal simulations. PDF are reported in log scale, centered on zeros,
normed by standard deviation

is close to the one of the anisothermal, with lower skewness
lower phase shift between density and potential uctuations.

The uctuation level of  n:.wyp IS higher in the Te simulation Fig. @ a. compared to isothermal
simulation, and the uctuation level of the full model is comprised between the one of the two models.
Note that once again the uctuation level of the pure interchange simulation is close to the one of the
isothermal simulation.

Now, the PDF of radial turbulent ux of the electron energy Ege:tub = %f-’e@e for the Te
simulation exhibits a longer tail of the distribution than the ones of n.wp . This can be explained
by the fact that the uctuations of N and T coincide almost, so that the co-occurrence of two rare
events of N and T will be even further in the tail considering the transport of energy. This feature
of the transverse transport is really important to keep in mind when talking about the problematics
of plasma facing components. In the case of an intermittent non-local transport, the time averaged
heat foot-print is not representative of the extreme and rare events that the PFC has to face up, and
which can drastically reduce the time life of the components.

2 [0:3; 0:7], in agreement with the

N; turb

To summarize this section two main conclusions can be drawn :

The SCW instability plays a predominant role in the turbulence features and seems to be the one
setting the turbulence scales, and the re-correlation between density and potential uctuations.

The intermittent structures of density and temperature coincide, and so Te or Pe uctuations
present the same features as the ones of density leading larger intermittency for the energy ux
than for the particle ux.
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Figure 3.11: Radial pro le of the uctuation level ( a) and skewness If) of particle turbulent ux for
Te, pure interchange, pure SCW and isothermal simulations, the source area is colored in grey

3.3.3 Heat turbulent transport: a non-linear superimposition of the two instabil-
ities
In the previous section we have shown that the addition of electron temperature uctuations have a

signi cant impact on the turbulence features. As in Tokam2D, the turbulence is responsible for more
than 90% of the transport, one can expect an impact on the time-averaged radial transport.

In order to compare the transport in isothermal and Te model, we rst look at the density radial
proles. The most striking impact of T uctuations can be observed on the shape of the density
pro le represented in log scale Fig.[3.IPa. For isothermal simulations we obtain a purely exponential
pro le, whereas for anisothermal-Te simulations exhibits slope variations. This is also found on other
eld proles: Pg, Te, . This feature can be explained by the existence of a poloidal shear ows
@h iy;t in anisothermal-Te simulations, created by the presence of non constant, gradient, and as
the sheath condition imposesh iy h Teiy, the averaged shear is likewise non zero Fi 2b. As
mentioned earlier, this shear ow creates a channel for energy transfer between turbulence and mean
ow, the shear ow impacts turbulence and consequently the pro le, which explains the presence of
slope variations. The correlation between the averaged shear and the ux pro le is clear, indeed slope
variations of density pro le appears at the same radius as the shear extrema indicated by a black
marker on the anisothermal-T, radial density pro le.

Even though we have underlined the intermittent feature of the turbulent transport, the radial trans-
port is summed up, here, to the single value of SOL width, representative somehow of an averaged
transport. The SOL width of a eld f is de ned as the e-folding length of the time and poloidal
averaged radial pro le Hf it;y, denoted ¢, and estimated by a least squares regression on the radial
extent x 2 [30; 150] where turbulence is fully developed.

As for turbulence characteristics, the linear analysis permits to have an insight in the mechanisms
likely to dominate the non-linear dynamics according to the gradient removal theory (GR) [Ricci 09,
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Figure 3.12: Radial pro les of density (in log-scale) @) and @ h iy;t (b) for Te, pure interchange, pure
SCW and isothermal simulations. The source area is colored in grey

Ricci 13]. This theory permits to link the growth rate of a linear mode to the SOL width. The
fundamental assumption is that the saturation of the turbulence occurs when the local attening due
to the perturbation counterbalances the background density gradient, that is to sakaI\'ij N= N -
The following steps and hypothesis permits to obtain the relationship [3.15) linking the growth rate
of the dominating mode and the particle SOL width.

the balance between the parallel losses and the radial transport give® « x= N g with

« the turbulent ux x=N@  kyeN;

the leading order of the density equation, i.,e@N = [N; ], gives an additional relationship
between € and gives N N= yky € which permits to suppress € in the radial turbulent ux;

E
Finally it is assumed that ky ky= n, as proposed by the Refs.[[Mosetto 13, Mosetto 15,
Ricci 13] in non-local linear-theory for interchange instability. Note that, here, we take the same
assumption for the SCW instability. This isl_i_;usti ed by the fact such instability can be seen as

a drift-wave like mechanism following ky ky= n in non-local linear-theory.
1 E
NG O — — (3.15)
Cs ky max

On Fig. B.13a. we report the SOL width estimate based on the gradient removal theory for the

di erent reduced models, and the SOL width found in numerical simulations for di erent values of g.
The scaling on SOL width as a function ofg shows that the gradient removal theory estimates correctly
the increasing trend of N with g for both isothermal and the T, models. However the y value is
not exactly predicted: for the isothermal model the ratio between the linear theory and the non-linear
simulation results stays relatively low with a relative error below 17%. For the anisothermalT, model,
n from the non-linear simulations shows a negative o set in comparison with the linear prediction,
the absolute value of the relative errors decreases witlg from more than 20% forg=2 10 4 down
to less than 10% forg=16 10 “. Now if we look at the reduced models, in both type of non-linear
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Figure 3.13: (@): Density SOL width  as a function ofgfor =1 10 4 estimated by the gradient
removal theory for the isothermal (red dashed line), interchange (dot black line), and anisothermalfe
(black dashed line) models, and estimated from non-linear simulations (marker). i§): Power SOL
width 4 as a function ofgfor =1 10“4and =2 10 #in non linear simulations for the
interchange, SCW and anisothermalTe models, the estimated value for pure di usive transport is
reported by a black dashed line

simulations the SOL width is signi cantly smaller than the one predicted by the GR theory, with a
relative error of more than 30% in both case. For both reduced model, SOL widths from numerical
simulations exhibit greater discrepancy with the GR prediction than in the T model, which seems to
point out that the global transport results from a non-linear interaction between the two instabilities.
Thus the rather correct estimate from the gradient removal theory in anisothermal-Te simulations
could be fortuitous as it seems that non-linear interactions plays a role in the radial transport.

In conclusion even though the gradient removal theory predicts correctly the trends of the SOL
widths, non-linear e ects seem to have an important role so that this theory will not be su cient in
itself to give a robust prediction of the SOL width. Moreover, we have showed that both instabilities
contribute to the radial transport.

The heat radial transport is characterised in the non-linear simulations by the power e-folding
length g, with ke = e CsPeexp( =T¢). On Fig b. q Is reported as a function ofg and
for = soLand = ppr for the 3 models. We rst note that, as for y, power e-folding lengths
of the pure interchange and pure SCW simulations, respectively qgint, and qscw (g = 0), are both
smaller than the one of the anisothermalT, simulation, so the two instabilities are contributing to
the global heat transport. Besides qint and gscw are also signi cantly larger than the power e-

folding length estimated for a pure di usive simulation g 5 L, so their turbulent transport is
ecient. For =1 10 4, one or the other instability is dominating depending ong, forg=4 10 4
G:ScW > 2 gint, forg=8 10 4 Ge;SCW q;int and for g = 16 10 4 gscw < gint

however for =2 10 “the SCW instability dominates ( G:SCW > qint) the heat transport for any
value of g, thus as predicted by the linear analysis, the SCW instability is expected to have a greater
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relative weight in the divertor region. Furthermore the ratio  g.:int= ¢ iS smaller in simulation with
=2 10 “thanintheone =1 10 4 reinforcing the previous conclusion.

Actually for both 5oL, and pgr, even with a negative curvature @ = 4 10 %) the SCW
instability drives turbulence with a 4 well above 2 qq; . With our simpli ed model, the ratio of
transport between the internal and the external legs of the divertor .4 10 4= qg= 4 10 ¢ (for
both value of ) would be smaller than 2.

In conclusion, if the turbulence features are strongly in uenced by the characteristics of the SCW
instability, probably due to an important inverse cascade toward the low ky mode, the turbulent
transport seems to by driven from an interplay between the two instabilities, and both contribute to
the transport.

Let us also mention, here, that we could have chosen for the reduced interchange model to take the
averaged of electron temperature in all sheath loss terms, that is to say also for the equation on
density and electron energy Eq [(3.l) and [(3.B). The reduced model has been run, the turbulence
features of such reduced interchange model are qualitatively the same as the model presented in this
section. However the SOL widths were signi cantly impacted. This can be explained by the impact
of the averaged on the amplitude of the sheath loss terms. Indeed, if we compare the amplitude
of the particle parallel losses in anisothermalfe simulations: 1) without averaging on Te, .k =

c sN exp( =Te), and 2) with averaging, n.x. = CsN exp( = hlei), we nd  N.k= Nk
varies between 2 and 6 depending on the radius due to the phasing betweenand T.. Hence, the
inclusion of T uctuations in the sheath loss term has not only an impact on the cross- eld dynamic
but also on the amplitude of the parallel losses.

SCW instability: a potential player in the divertor region or in start-up L-mode plasma

In this section we have shown that the SCW instability contributes substantially to the heat
turbulent transport. However the reduced 2D- uid model does not take into account the e ect of the
strong magnetic shear in the X-point region that would prevent the sheath instability to propagate
into the main SOL [Ryutov 04]. Hence it is unlikely that such instability could play a role in the main
SOL of a diverted plasma.

Nonetheless it could play a role in start-up L-mode limited plasma and also on the turbulence
in the divertor region. In particular it could be of interest for the study of the spreading factor S
[Eich 11], as suggested in Refs.| [Ryutov 04, Myra 97]. Indeed it provides an additional mechanism
to spread the heat ux in the divertor region and thus reducing the heat loads which is also a key
factor for the heat ux exhaust problematics. Moreover, contrary to the interchange instability, the
SCW instability would be unstable on both divertor legs and our simulations predict a ratio of only
2 between the SOL widths of inner and outer legs.
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Figure 3.14: (@) Linear growth rate and (b) linear phase shift between density and potential uctua-
tions for the full anisothermal, full anisothermal SV, anisothermal-Te model, and anisothermaldTe GV
model for =1 104 g=4 104 and y = bfe 1 1, = i 1 1, =30 L s a function
of the mode numberky, and for ky = 0. Linear phase shift is reported only for mode presenting a

positive growth rate

3.4 Turbulent heat transport in the presence of ion temperature
dynamic

Fluid codes historically used the cold ions hypothesis based on the idea that the ions were motionless in
comparison to electrons due to their higher inertia. Furthermore, in the SOL, the potential follows the
electron temperature, thus it was expected to have a greater impact on turbulence features. However
experimental measurements show that the ion temperature is systematically higher than the electron
temperature in the edge plasmallKaan 11], andT;=T, even reached 10 for some tokamaks. Thus the
inclusion of nite ion temperature is required to describe properly the turbulence in the edge plasma.
Moreover, the ion temperature dynamics has been recently a eld of interest for the edge plasma
turbulence and it has pointed out that the inclusion of nite ion temperature in the model impacts
the seeded blob dynamics [Bisai 13, Olsen 15, Jovanovt 08, Madsen|11]. In this section, we study the
impact of the addition of self-consistentT; uctuations rst on the linear stability of the model, then

on the turbulence characteristics and heat transport. A special focus is devoted to the contribution
of the inclusion of T; in the vorticity term, which is shown to play a critical role in the model.

3.4.1 Linear damping of small spatial scales in the presence of nite ion temper-
ature e ect

The linear analysis shows that the inclusion of self-consistent uctuations of ion temperature does not
trigger any supplementary instability in our 2D-model. Indeed, the growth rate falls to negative value
when the destabilizing terms of interchange and SCW instabilities are set to zero.

The principal linear impact of the addition of T; uctuations is to damp more e ciently the small
scales (largeky) Fig. a. Indeed, the growth rates of both full anisothermal and anisothermal¥e
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Figure 3.15: (@) Linear growth rate and (b) linear phase shift between density and potential uctua-
tions for the full model, for =1 10 4 Te=1,g=4 104 = P— e 1 1.= pT 1 7=

e

30 L and T; = 1,2,5 as a function of the poloidal mode numberk, and for ky = 0. The linear phase
shift is reported only for mode presenting a positive growth rate

models are quasi-equal foky < 0:15 | %, but for k, > 0:2 |}, na decreases drastically faster in the
full anisothermal model. The unstable mode of largestk, is about 0:5 | * for the full anisothermal
model compared with more than 1 for the anisothermalfe model. In consequence, the impact on
the growth rate of interchange instability (destabilizing large ky) is more important than for SCW
instability (destabilizing small ky) (results not reported here). Concerning the linear phase shift
between density and potential uctuations, Fig. B.14b, the impact of T; uctuations is to increase its
amplitude for ky > 0:1 | *, and the absolute value of the phase shift of the most unstable mode is
about to 0:45 in the full anisothermal model compared to Q3 in anisothermal-Te model.

The linear analysis also points out that the inclusion of nite ion temperature in the vorticity expression
is the dominant contribution when considering the role of the ion temperature inclusion as it will be
re-discussed later in the section. Indeed if one considers the two following intermediate models:

anisothermal-T, GV (for Generalized Vorticity): model taking into account the nite ion tem-
perature in the vorticity expression but no T; uctuations, i.e. T; = constant and W =
ri +r (Tir InN);

full anisothermal SV (for Simpli ed Vorticity): model taking into account T; uctuations but not
the nite ion temperature in the vorticity expression but no T; uctuations, i.e. T; = uctuating
andW =r 2 :

one nds that the anisothermal-Te GV model presents the same impact than the full anisothermal
model on both the linear growth rate and the phase shift, even though the e ects are less marked.
One the contrary, the full anisothermal SV presents similar growth rate and the phase shift as the
anisothermal-Te model. Thus the inclusion of nite ion temperature in the vorticity expression is
the dominant additional contribution between in the linear stability of the full anisothermal and
anisothermal T, model.
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Figure 3.16: Conditional averaging of the intermittent structures of density, potential, electron and
ion temperatures normalized by their maxima for simulations withg=8 10 4 =1 104 =5,
i=3 (@ and ; =10 (b)

The scan of T;, presented on Fig[3.1b, shows that the increase df; damps more e ciently small
scales, thus favors large scales, and yields to a larger of linear phase shift betwednand

3.4.2 Highly intermittent turbulence in the presence of nite ion temperature

On Fig. B.16a) the typical blob shape for full non-linear simulation with ; = 3 at x = 70  is
reported. The anisothermal simulation with ; = 3 are the one comparable to the anisothermalT,

with Tip =1 as T; 1. The typical size of the structure is the same for both models, result also
con rmed by the PDF of the blob size (not reported here). This reinforces the assumption that the
inverse cascade favors the modes of largeky, as the linear stability of both models coincides only for
low ky, that is to say the ones setting the poloidal spatial scales under the assumption of an inverse
cascade. Nonetheless, a strong damping of small spatial scales, predicted by the linear analysis, is
observable indeed in the far SOL in the full anisothermal model.

The absolute phase shiftj - | is also slightly larger in the full model in agreement with the linear
analysis p-= 0:15 , however such low phase shift is still a marker of the SCW instability, which
seems to be also at play in the full anisothermal model.

Finally it is worth noting that the structures of density and both temperature, N", fre, H coincide
perfectly as for anisothermal T¢ simulations.

The increase ofT; has a signi cant impact on the blob shape, as it can be observed when we compared
the conditional averaging Fig for ; = 3 (left) and ; = 10 (right). The scale of blobs increases
with an elevation of T;: the mean size of blobs is 11, for ; =10 in comparison with 9:5 | for ; = 3.
The absolute phase shift increases also with the elevation df;, not only between ¥ and €. Note that,
both features are in agreement with the prediction of the linear analysis Fig[ 3.15.
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Figure 3.17: (@): PDF of ion energy turbulent ux for Te, anisothermal-Te GV and full anisothermal
simulations. (b): PDF of ion energy turbulent ux for the full anisothermal simulations for ; 2
[3;5;7;10]. PDF are reported in log scale, centered on zeros, normalized by standard deviation

Statistical properties:

The inclusion of the ion temperature dynamic impacts also the statistical distribution of the
turbulent transport, as one can observe on the PDE| of the radial turbulent ux of the electron
energy. For equivalent parameters, the full simulation presents a longer tail corresponding to the
intermittent transport in comparison with the anisothermal- T one Fig[3.17. This corresponds to
an elevation of the positive skewness by a ratio around 1.5 Fi§ 3.18b. It is important to underline
that corresponding anisothermal T GV simulation presents the same shape as the full anisothermal
simulation, even though the skewness is 20% smaller, while in the case of the full anisothermal SV
model, the tail of the skewness is signi cantly reduced (the PDF is not reported for readability purpose
but this can be observed on the skewness Fig 3.[L8b). This result is coherent with the linear study
which underlines that the inclusion of nite ion temperature in the vorticity expression is the dominant
contribution when considering the ion temperature inclusion. In fact this is in agreement with the
study one seeded blob[[Olsen 16] which has shown that the inclusion ion temperature dynamic does
not a ect the properties of the blob beyond this nite ion temperature e ects.

Unlike the skewness, the level of uctuation of g, IS not signi cantly impacted by ion tem-
perature dynamics, and is about 5 regardless of the anisothermal model considered Hig 3.18. This
suggests that the addition of T; favors extreme but rare events of outward energy transport as the mean
uctuation level is the same but nonetheless the extreme intermittent events are more represented.
Moreover, this high intermittent feature is favored by the elevation of T;, which impacts signi cantly
the PDF of the uxes. Indeed, for high ;, i.e high T;, the PDFs of g, exhibit a peaked shaped
around the maximum of the PDF Fig. B.16b. The higher the ion temperature, the steeper the peak.
This peaked shape is characterised by a drastic increase of the kurtosis, representative of weight of
the PDFs long tails. Hence, the increase of; further favors of the number of extreme outward burst
transporting high amount of energy.

2Note that the x-axis is normalized by the standard deviation, the PDF integral is thus not equal to one
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Figure 3.18: Averaged uctuation level (a) and skewnesslf)on the radial extent [30,150] in simulation
as afunctionof j=3for =1 10 *a,d g=8 10 4 and for other reduced anisothermal models

3.4.3 Enhancement of interchange driven mechanism in heat transport with nite
ion temperature

3.4.3.1 Enhancement of the transport due to a non-linear mechanism

Considering the prediction of the SOL width from the gradient removal theory with the same as-
sumptions as presented before, we would expect a rather weak impact of the ion dynamic on the SOL
density width. However this is not the case in non-linear simulation due to a greater discrepancy
between linear prediction and non linear simulation Fig[3.19. If the gradient removal theory predicts
rather correctly the § dependency ong in the anisothermal-Te. model, this is not the case for the
full model. Indeed, the gradient removal theory signi cantly underestimates the  dependency ong

N n:scw +10g in the linear theory against N:scw + 209 in non-linear simulations.

This discrepancy can be explained by the addition of complexity in the model, we have already
found that the predictions were more satisfying in the isothermal model, with both qualitatively and
guantitatively agreements, than in the anisothermal-T, model, where only qualitative trends were
retrieve. Here, the non-linear results digress even more from linear theory.

Hence, if the shape of turbulent structures is, at least partly, shaped by the linear stability of
the system, the prediction of the SOL width based on the linear stability seems to be too imprecise
for experimental predictions as the transport results from non-linear interactions. Note that this is
coherent with the fact that the simulations including T; present statistical properties corresponding
to highly intermittent transport (high skewness, and kurtosis).

In particular, here, the increase of the positive dependence betweeny and g suggests that the
nite ion temperature e ect favors the transport driven by the interchange instability via a non-linear
phenomenon. Another argument for this is that in non-linear simulation,  is larger in the full
anisothermal model forg=8 10 “( N:int = 71 ) than the in anisothermal-Te one ( n:int =55 L),
even though the linear prediction is the same for the two models (y 100 ).
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Figure 3.19: Density SOL width |y as a func- Figure 3.20: lon and electron pressure radial pro-
tion of g for = 1 10 “ estimated by the le for full anisothermal, anisothermal- Te GV and
gradient removal theory for Te, anisothermal full anisothermal SV non-linear simulations with g =
model with T; values corresponding to the simula- 8 10 “and =1 10 *

tion ; = 3;7;5 and 10 and estimated from non-

linear simulations

3.4.3.2 Predominant e ect of the nite ion temperature inclusion

As shown in the results on linear analysis and statistical properties, the impact of ion dynamics are
mainly attributed to the nite ion temperature inclusion in the vorticity expression. This result is
also true for the turbulent transport. Let us consider two simulations : 1) a simulation with the full
ion dynamic, 2) a simulation without ion temperature uctuations but with the term of generalized
vorticity and the same ion temperature pro le of the rst simulation. One can notice, on Fig 3.20b,
that both ion and electron pressure pro les match exactly for the two simulations. On the contrary,
the prole of the corresponding simulation with T; uctuations but with simpli ed vorticity term
presents a weaker transport (steeper gradient) than the two others.

Hence, one can conclude that the nite ion temperature in the generalized vorticity is the one
triggering an increase of radial transport.

3.4.3.3 Heat transport

Now we can look the transport of ion and electron energy characterised respectively by, and g,
e-folding length of . and ¢;; with o = i csPi. On Fig @ q and g are reported as a function
ofgandfor =1 10 * for the 3 models. As observed in anisothermalFe simulations power SOL
width o and g of both reduced interchange and SCW simulations, respectively ¢ ;int, and g; scw
(g = 0), are both smaller than the one of the anisothermal simulation, so the two instabilities are
contributing to the global heat transport. However the ratio  g.int= ¢ for g =8 10 #is higher
when ion dynamic is taken into account: q.int= g  0:75 against Q6 in the anisothermal-Te model.
Moreover, g:nt= q = 0:9 is higher than the one for g thus interchange instability is even more
important for the ion energy transport. This reinforces the conclusion on y, that ion temperature
dynamics trigger an increase transport driven by the interchange instability.

Nonetheless g:scw and ¢:.scw are also both well above the value of the pure di usive e-folding
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Figure 3.21: Power SOL width ¢ (a) and 4 (a) as function of gfor =1 10 * for interchange ,
SCW (i.e. g = 0) and full anisothermal simulation

length 44 . The turbulence triggered by the SCW instability does not seem to be damped by
the inclusion of ion dynamics, in fact q.scw:aniso > g:Scw:anisoTe- Hence, the inclusion of ion
temperature dynamics does not refute the conclusion of the previous section that the SCW instability
should be considered as a potential player in the divertor region or in start-up L-mode plasma.
Finally one can notice that the elevation of Tj does not aect o, ¢ the same way. Indeed unlike
g Which presents a positive dependencies onj, ¢ is roughly constant with . This di erence
does not come from the cross- eld transport of ion and electron energy, as ., » ¢, are both
increasing functions ofT;, but is a result of an increase of the parallel losses of electron energy with.
This e ect is due to the fact that the SOL width is not only set by the e ciency of the perpendicular

transport but results from a competition between parallel and perpendicular transport.

To summarize this section two main conclusions can be drawn:

The predominant e ect of the inclusion of ion temperature is attributed to the impact of the nite
ion temperature in the vorticity: explaining both the modi cation of turbulence characteristics
and cross- eld transport.

The ion temperature inclusion triggers an enhancement of the cross- eld transport presenting
highly intermittent characteristics and is attributed to the interchange instability.

3.5 Conclusions

Even though the inclusion of temperature does not appear to drastically modify the general features
of turbulence, one observes a modi cation of the shape of the turbulent structures in anisothermal
models, and consequently a modi cation of the cross- eld transport. In this chapter we underline the
principal e ect of the inclusion of the electron temperature and of ion temperature explaining this
di erence.
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The principal e ect of the electron temperature inclusion is identi ed to be the presence of a
new instability mechanism. The characterisation of turbulence, using the input of linear analysis, has
revealed that the additional instability has a great impact on turbulence characteristic. This instability
appears also to play a signi cant role in the heat transport in conjunction with the interchange drive,
impacting thus the power decay length.

The impact of ion temperature uctuations is studied separately. The nite ion temperature is
identi ed as the key player of the modi cation of the turbulence and heat transport. Its inclusion,
even though it does not bring a new instability, seems to trigger an enhancement of the perpendicular
transport, presenting highly intermittent features at high T;. This increase of the perpendicular
transport is attributed to the interchange instability acting via non-linear e ect.



Chapter 4

Large scale convective transport via
magnetic drifts

The current multi-machine scaling of 4 in H-mode found that the strongest dependency is the one with
the poloidal eld, Bpol, 9iving garget / Bpol| [Eich 132, Eich 13b]. Even beyond these studies, thB
dependency seems to be a robust result and has been retrieved in several wark [Thornton| 14, Sun 15]
and even for L-mode scaling laws [Scarabosio 18, Gunnl13]. Theoretical models based on turbulent
transport have been proposed to predict ¢ in L-mode [Fedorczak 17, Ricci 09]. However in H-mode
turbulence is strongly reduced in the pedestal and near-SOL. It is thus not clear which is the main
mechanism driving the transport through the separatrix. Indeed turbulent process, like studied in
the previous section with Tokam2D, might not be the predominant mechanism of transport anymore
and other mechanisms like large scale convection by plasma drift are pointed out to play a signi cant
role in this regime. Especially the Heuristic Drift-based (HD) model [Gaoldston 12] proposed that
the curvature drift is the main mechanism driving the cross- eld transport across the separatrix in
H-mode, determining entirely the SOL power width. Similar description of the edge transport were
earlier proposed by Ref. [[Hinton 74] with a neoclassical approach. Such neoclassical drift-orbit e ect
has attracted much interest for its good agreement with experience_[Eich 13a, Faitsch 15, Sieglin [16],
in particular its prediction of the dependency on Bg.

The work presented in this chapter aims at understanding the impact of the convective transport
via the curvature drifts in the limit of weak collisional and anomalous transport. Similar work has
been published[[Reiser 17, Meier 16] assessing the existence of a regime where the SOL width is related
to the r B-drift. In this study we further investigate the implication of such a r B-drift dominated
regime: its characteristics, its parametric dependencies and its limits with a mean- eld transport
code, SolEdge2D. In a rst step, this approach allows us to study the impact of drifts separated
from the complexity of the turbulence phenomenology in realistic geometry and in di erent regimes
of transport. However it is worth keeping in mind that one should go towards more complete models,
which would take into account mechanisms of interplay between turbulence and large scale convection
(topic of the last chapter). Especially since the drift governed byr B is charge dependent. It thus
has the ability to govern charge separation or at least polarisation, therefore generates electric elds
and consequente B drift.
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4.1 Study of drifts convective transport with arbitrarily level of
anomalous transport in SolEdge2D code

SolEdge2D is a mean- eld transport code: turbulence is not solved self-consistently but is arbitrarily
set via a diusion coe cient, and thus permits to run simulation in a chosen regime of transport:
L-mode (high anomalous transport, i.e high di usion) but also H-mode (low anomalous transport). In
this discussion, one assumes that the anomalous transport in the SOL is arbitrarily low, this statement
has a large impact on the physics and the way it is addressed. In this context, the transport code
with reduced numerical cost allows studying many cases, for example performing scans of parame-
ters, but also adding some additional physics like the implementation of the wall-plasma interaction,
physic of neutral species etc... In this section, the model used for this study is brie y described, see
[Bu erand 15] for more details. We also underline the strong simplifying assumptions made.

SolEdge2D is a mean- eld transport uid code that assumes toroidal axisymmetry of all elds
and solves Braginskii equations for electrons and an arbitrary number of ions species. In the single
ion case, of interest in this chapter, the equation of the ion densityn, parallel ion velocity u,, and
temperature of electrons and ionsTe and T; (4.1)-(4.5) are solved using a nite volume numerical
scheme. At the scale of the mesh grid, larger than the Debye length, the quasi-neutrality is justi ed,
and one hasn = ne = n;. Moreover, in this work, we do not consider the physics of charge balance
following the framework of the HD-model, which was the starting point of our study. However, as
already mentioned, this is a restrictive assumption since the B -drift is charge dependent and induces
a charge separation.
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Where b denotes the direction of the magnetic eld b = %, m; is the ion mass andQg; is an

energy transfer due to collision. The inertia and viscosity terms of electrons are neglected giving
enEy = r (pe) Rei WhereEy is the parallel electric eld and Rg; is the parallel friction force. Note
that contrarily to TOKAM2D and TOKAMS3X, the present equations are not normalized.

In standard 2D transport code, turbulence is inhibited as turbulence requires the treatment of the
two transverse directions which is not compatible with the toroidal axisymmetry assumption. Cross-
eld anomalous and collisional transport is arbitrarily set via di usion operator. r ( D»r on). The
cross- eld ux is then equal to nu, = D»r >n+ nugig . The diusion coecient D, stands for
the local level of anomalous and collisional transverse transport. For all the following simulations,
D, issetto 1n?s ! on a zone of few millimeters at the inner and outer borders to avoid edge e ect,
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@ (b) ()

Figure 4.1: Sketch of computational grid (black lines) for the diverted JET-like (a) and COMPASS-
like (b) plasma equilibria with the wall position (red lines), for the analytical circular equilibrium (c)
with the limitor position (red lines). For the purpose of readability only one in three edges in reported
for JET-like grid and one in four for circular geometry

and is a constant, labeledD, on the rest of the grid. D is the main free parameter of this work
and will be scanned to study the impact of the uid drifts on the transverse transport for di erent
levels of anomalous and collisional transport. The viscosity is equal to the diusivity D, and for
anisothermal simulations ion and electron thermal di usivities, respectively ¢ and j, are equal but
xed separately from andD.

In this work, only the magnetic drifts are considered,uqiitt = U; B:j + Ucent, Whereu, g denotes the
r B-drift ( (inthe uid approach nu, g divergence coincides with the divergence of the diamagnetic
drift ux), and Ucen (4.7) denotes the centrifugal drift [Chankin 97].

B r p
UrB;i—ipl

457 (4.6)

mvZ

The magnetic eld is in the normal direction, that is to say u, g is downwards for ions. Note that
as the charge balance is not solved, a reduced model of SolEdge2D is considered where the electric
drift is omitted. This restrictive assumption will be re-discussed in the section on the limits of the

model (4.4.3).

In the following, three set of simulations are considered:
1. simulations including no drifts, referred as di usive simulations,
2. simulations including only r B-drift,
3. simulations including both r B and centrifugal drifts.

In a rst stage, the plasma is supposed isothermal, andT is constant on all the domain, with
Te = T; = 50eV, and neutrals are not taken into account to stay within the assumptions of the
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HD-model. These assumptions are relaxed later to evaluate how they impact the transport and the
plasma equilibrium.

The simulated domain extends from closed ux surfaces in the vicinity of the separatrix, with Dirichlet
condition imposed to densityn = 101°m 2 at the core boundary, to open ux surfaces up to the wall.
In the parallel direction Bohm boundary condition are imposed at the sheath entrance. Simulations
have been run for three magnetic equilibria, as illustrated on Fi, a) a realistic diverted JET-like
geometry on a 80 139 (; )-grid with the following parameters Rg = 2:895m, a = 0:950m, ggs
de ned as the safety factor on the ux-surface such as = s =0:95is about5 andBo=2:2T, b)
a realistic diverted COMPASS-like geometry on a 48 139 (; )-grid with the following parameters
Ro=0:55m,a=0:17m, g5 4, Bg = 1:15T, 2) an analytical circular geometry on a 240 180
(r; )-grid, with the following parameters Rg = 1:075m,a=0:287m, s 4, Bo=1T. On diverted
equilibria, a penalization technique is used that enable simulation of the plasma up to the rst wall
reported with a red line on Fig a and b.

4.2 Properties and implications of the magnetic drift transport in
the edge plasma

Before investigating the cross- eld transport by magnetic drift in numerical simulations, let us rst
recall some properties of the diamagnetic drift and associated model of SOL at a reduced turbulent
transport. First, we proceed to an estimation of the SOL width associated with such mechanism. We
then study what would be the consequences, or the markers, of a large scale convective transport by
r B-drift. Finally, we recall the assumptions and the derivation of the heuristic drift based model
which has been taken as a starting point for the simpli ed model used in the following work.

421 Estimation of a SOL width associated with the r B drift convection

As described in Chapter 1, the SOL width results from a competition between the parallel and cross-
eld transport in the main SOL. Hence, one can de ne a fundamental SOL width associated with a

mechanism by taking the equality between the parallel characteristic time and the characteristic time

associated with this mechanism. We can thus get an estimate of the SOL width with:

. \Y Y
K 2 ie -~ B (4.8)
I—k r B
The characteristic velocity of the vertical r B-drift writes:
T
vV —_— 4.9
rB BR ( )

. P— - .
Moreover, we take the acoustic speeds / = T as the characteristic parallel velocity, andL, gR.
One thus has a fundamental de nition of | g:
Vr B Lk TQR p

/A TB_} 4.10
"B Vi BRCs pol (4.10)
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where A = a=R is the aspect ratio a being the small radius.

4.2.2 Contribution of the diamagnetic drift to ux-surface averaged transport

In order to consider the contribution of the diamagnetic drift to the global transport, we study here

the ux surface averaging contribution, which conveniently provides a means to identify the transport

from one surface to another irrespectively of the ows within the surfaces. The ux surface averaging
for the source governed by the divergence of a uxy (f u), writes:

ur

b fuips = _ds (4.11)

s(y Ir ]

where s the label of the magnetic surfaceS( ), by construction one has r fib =0.

The charge balance equation in steady-state or quasi-neutral condition is:
r J=0 (4.12)

with J = Jyb + J . Here, we consider only the contribution ofr B-drift, as one can show that the
divergence of the diamagnetic current coincides with the one of; g under the assumption of low .
Note that, for two species quasi-neutral plasma, the electric drift and di usive transport are ambipolar,
ieJeg = e gj ege=0andJp = e p; e pe =0. One can then determine the ux surface
average of Ed.4.1P which gives the following constraint that charge conservation on a magnetic surface
requires a balance of thel, g current (4.13).

o Jigg=0,hr Jfpigg= Jig ——dS=0 (4.13)
S( ) o

If one now considers the particle balance, the equation for the main ion species is given by:

@i+r =S (4.14)
with = Eg;j+ rBi+ bpi*t kib. Moreover, | g; can be expressed as a function o, g =
€ rBi € rBe. rBi-= %\]r g. One can then determine the ux surface average equation for
the particle balance of ions with no particles sourceS = O:

5 E

i r

@migs + ——— ' J g+ Ei+ pi ——dS=0 4.15
s() €(Pi+ P’ ' T (4.15)

In steady state and in the limit where no particle ux driven either by the electric drift or cross- eld
diusion, g = p;i =0, the only transport term is associated to the r B-drift. Furthermore, Eq.
and Eq impose that such transport has to come with strong pressure poloidal up/down
asymmetry, as already underlined in [Chankin 13], asP;=(P; + P¢) must exhibit a dependence on

to obtain a non-zero ux-surface averaged transport. In particular, a model with T and T; constant
leads to Pj=(P; + Pg) = T;=(T; + Te) = constant. Hence, temperature inhomogeneity then appears
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essential for a transport associated with ther B -drift. Indeed, without this inhomogeneity, no particle
transport is possible without violating the charge balance i.e.ir  J, gipg 6 0.

In fact, the neoclassical theory would give similar insight. Indeed, in the neoclassical description,
transport associated to the magnetic curvature depends on the collisions. Thus in this framework, one
needs a certain level of di usion to have a transport associated with the magnetic drift.

4.2.3 Presentation of the HD-model

In this section, we recall the main assumptions and follow the calculation of the heuristic drift-based
model presented in the paperl[[Goldston 12].

The main assumption of the model is that turbulence does not play a role in the transport of
particles in H-mode and the only remaining source of particles for the SOL is attributed to the
r B and centrifugal drift direct advection. The particle SOL width at the target is interpreted as
a neoclassical drift-orbit e ect. Hence, | is determined by the integrated radial displacement of
the poloidal ux, denoted p, by r B and centrifugal drift transverse advection between the outer
mid-plane and the divertor entrance and remapped at the outer mid-plane. The radial displacement
writes:

X pt dlk X pt B
p= ((ur B+ Ucent) I p) — = ((ur B + Ucent) I p) g—dlp (4.16)
MP Vi MP BpVk

The further assumption that the parallel speed is constant and equal to the half of the sound speed
between the mid-plane and the entrance in the divertor regionv,  Ccs=2 is made. Mc;éreoveé2 the
centrifugal component is implicitly neglected under the assumption that ju; g=Ucent V=G

0:25 is small, and only the contribution of the r B -drift is taken into account, i.e u, g = ef%z. With
the poloidal magnetic eld written as B = Ir R o) the equation is simpli ed to:

Xpt &
2T pt 7 rop dl = 4Ta
Zevi wp jrop " Zecs

(4.17)

It is worth stressing that such a displacement considered here as a kinetic calculation does not necessary
imply transport. As recall before, in the neoclassical theory, transport associated with such e ect exists
only when adding collisions.

Finally the SOL width remapped at the outer mid-plane writes:

P —
_ B _ QT
n:%:ZPZaiL:Zp ﬂ
I plmp (BpR)wp (BpaR) omp

E___
[ TeepBpt (4.18)
Note that the parametric dependencies of ; g in (4.10) are the one found by the HD-model, as it
follows similar lines of thought. One retrieves here the dependence of the SOL width oB,, L. Until
now only the particle SOL width were considered. The last assumption of the model is that the
electron anomalous heat transport ( anolamous = 1 M?s 1) is fast enough to Il the particle plasma
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channel with electron heat, so that:

E
q n/ TsepBp ! (4.19)

Note that the assertion q is equivalent to T n-

4.3 Drift dominated regime characterised by a complex plasma equi-
librium

In this section one rst seeks a regime where the cross- eld transport through the separatrix is dom-
inated by the r B-drift. Even in a low turbulence regime it is not evident that such a regime could
exist. Indeed as presented in the previous section, the current conservation implies that an outward
r B-drift transport requires a strong up/down pressure asymmetry, this result is also underlined in
Ref. [Chankin 13]. The second goal is to characterize such a regime and the associated SOL width.
In the last part, we compare our results with the HD-model.

4.3.1 Existence of a convective transport by magnetic drift at low anomalous
transport in JET-like geometry

In order to reach a regime ofr B -drift dominated transport the anomalous and collisional transport,
set arbitrarily via the di usion coe cient D in the model, is decreased until nding such a regime.
To study the role played by the r B-drift in the particle transverse transport, two sets of JET-like
isothermal simulations are rst considered, the di usive case, and the case including only ther B-
drift, for various levels of D. In these sets of simulations the coe cient D is scanned between 1 s !
and 20 10 “m?s 1, with the aim to nd out at which level of transport would appear a regime
where the large-scale convection by, g is the main mechanism of particle transverse transport and
what would be the properties of such plasma equilibrium.

On Fig. [.7a. the total particle ux through the separatrix due to diusion (4[20)]and to the
convection viau, g ) are reported for bothr B -drift and purely di usive simulations as a function
of D.

h?;DiFSZ Dor »n r (420)

sep

h oy BiFs = NUrg T (4.21)
sep

Note that all the plotted uxes are normalized by the mean density at the separatrix. For D

1 10 °m?s 1, the di usive operator is responsible of all the transport and the averaged convective
ur g UX is even sightly negative. In that range of D, there is no signi cant di erence of ., between
simulations with or without drift, in both cases the particle ux scales as D, expected for a standard
di usive process. At D =1 10 ?m?s 1, the u, g convective contribution in the particles balance
starts to rise and its relative weight continues to rise with the decreasing level of di usive transport to
end up largely dominant forD 1 10 3m?s 1, with a contribution of more than 90% in the total
balance. Hence a B -drift dominated regime is reached at low transverse transport.
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Figure 4.2: (a): Total particle uxes through the separatrix normalized by the mean density due to
di usion (full red square), to r B drift (empty red square) for r B-drift simulations, and for di usive
simulations (black triangles) as a function of D. (b), (c): Poloidal distribution of the particle ux
in r B drift simulations: total (full line), by diusion (dot-dashed line), by u, g (dashed line) for
D=1 10!m?s!({®andD=1 10 3m?s ! (c)

In the previous section, we have shown that in the limits of very low anomalous and collisional
transport, the r B-drift transport has to come with temperature inhomogeneity in the poloidal direc-
tion. In the studied isothermal, the transport should thus tend towards zero then D tends towards
zero. One has to keep in mind that it is somewhat a contradictory result probably linked the restrictive
assumptions made in the model, in particular, the lack of the charge balance and electric eld. It
could also be due to spurious numerical e ects. However, test of convergence with the grid seems to
point out that the spurious e ect are not dominant as the results are stable with the grid resolution.

In the following, we denote Dy, the threshold value of D, where we rst observe a signi cant
contribution of r B-drift to the total ux, we take 21 B= tot > 10% as reference. In this set of
simulations, we nd Dy =5 10 ®m?s 1. Dy will also be referred as the transition towards the
r B-drift dominated regime. At this level of D, the diusion source in the r B-drift simulations
decreases faster than for the purely di usive simulations due to a relative attening of the radial



72 Chapter 4. Large scale convective transport via magnetic drifts

pro le around the separatrix (see section[4.3.3.P).

To evaluate where are the implications of these values of di usion coe cients, let us recall some
typical value of the diusion coe cient used when addressing anomalous transverse transport, as
well as classical and neoclassical processes. The typical di usion for anomalous transport used in the
pedestal to match pro les in H-mode plasmas is of the order of 1 10 *m?s ! [Chankin 06, Horton 05,
Kallenbach 04, Gulejowa 07]. Moreover, the estimation of di usion representing the dissipative process
as established in Ref.[[Fundamenski 07] gives a typical diusionoD¢c  1:5 10 2m?s ! for classical
process andDye 25 10 2m?s ! for neoclassical process. Thus the transition towards a drift
dominated regime appears to take place well below the neoclassical level and g is predominant only
at a di usion level lower than the classical level, which raises the question of the possibility of achieving
such a regime. The onset of such a transport regime agrees with the previous works of [Reiser 17,
Meier 16]. In [Meier 16] this regime appears at higheD, but this di erence can be explained by the
parameters of the simulations, in particular a higher temperature at the inner boundary of Te = T; =
500 eV, which seems of little relevance for a JET-like simulation, while a range of temperature of 50 eV
to 100 eV used in this work.

It is important to stress that the appearance of a ux-surface averaged particle transport by u, g
is inevitably associated with strong poloidal asymmetries. On Fig.[4.Pb. and 4]2c. the poloidal local
ux is reported, at relatively high diusion D =0:1m?s !, u, g convection is then found to contribute
a signi cantly locally, but with the symmetry the positive ux at the bottom strictly compensates the
sink at the top, so the ux-surface contribution is negligible. Conversely at low anomalous transport,
Fig. B.2c, theu, g convective ux exhibits an up-down asymmetry, and the source at the bottom of
the torus becomes bigger than the sink at the top, explaining the rise of its weight in the ux-surface
balance.

4.3.2 Complex equilibrium and supersonic transition in drift dominated regime

In the previous section, it has been shown thatatD (D 1 10 3m?s 1) the convection by u, g is
the predominant particle source for the SOL, at both local and global scales. Let us now characterise
the plasma equilibrium in such a reqj@. On Fig.[4.B poloidal pro le in the near SOL of the density
(a) and parallel Mach number M = p% (b) are reported. At D> 2 10 2, the density is almost
constant in the poloidal direction, and the Mach number relatively low far from the target. Atlow D,
the most striking result is the appearance of a complex parallel equilibrium presenting a supersonic
transition that comes along with the rise of sharp gradients and strong asymmetry of the density in the
poloidal direction. Note that the density tends to be higher at the bottom of the torus, in agreement
with the direction of the u, g convection which leads to an e ective particle source in sin where

is the poloidal angle with =0 at the outboard mid-plane and =90 at the top. This supersonic
transition at low D comes from the strong asymmetry of the e ective particle source, composed of a
large source at the bottom of the torus and a large sink at the top, creating important P rsch{Schlater
return ows. When decreasing the di usion coe cient, the pressure gradient increases, and it enlarges
the P rsch{Schister ows amplitude ( ps / r P), reaching a supersonic transition coming along
with a steady-state shock in the poloidal direction. It has been veri ed that the transition is in
agreement with the model of supersonic transition presented in_[Ghendrih 11] with the annulation of

derivative the parameter control A = % at each transition between subsonic and supersonic ows.
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Figure 4.3: Poloidal prole in the near SOL (§ = 1:004) of the normalized density (a), and the
parallel Mach number (b) for r B-drift simulations for D =1 10 'm?s ! (red line with square),
D=5 10 3m?s ! (blue line with triangles), and D =2 10 *m?s ! (black line with circle)

In fact this transition can be explained by a reduced model for the parallel equilibrium Eq. ).
In a steady-state equilibrium, the continuity equation and the momentum balance can be simpli ed

in Eq. (#.22) by assuming that:

1. the parallel particle ux distribution is of the form S; + S, cos z*Lsz , Where z, is the parallel
coordinate and L the parallel length, representing a constant di usive ux and a sinusoidal
Ur g Uxin a circular geometry

2. the total pressure is uniform in the parallel direction, that is to say nT 1+ M? is conserved.

2
It can be rewrite as  + N is constant in the isothermal case (with = nuy).

3. the Mach number is equal to 1 at both targets

<

8
% e k—Sl+Szcos—
§ -0 (4.22)

Mj=1 for z,=0;Ly

This system has the following analytical solution:

% K Zk = S]_(Zk 0:5) + Sy sin ZLZTK

_S
M zk =11 P (4.23)

: e s
©with: = S2 42 z

and it is found that for g—i > 4:6 no subsonic smooth solution exists, thus it allows us to predict
the threshold in D when the supersonic bifurcation rst appears. The di usive particle ux is equal to
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Figure 4.4. Density radial prole for diusive (dashed lines) and r B-drift (full lines) simula-
tions at the outer mid-plane (a), and at the outer target (b), for D =1 10 'm?s ! (red), and
D=2 10 *“m?s ! (black)

Dr N=D<2, with ,= | 29R.oD for a standard di usive process. For the contribution of the r B-
drift, the coe cient S, correspond to the maximum of the ux by diamagnetic drift Sy = nu; B:max-
Note that u; g in the isothermal case in only a function of the geometry as the temperature is imposed.
Thus the bifurcation towards a supersonic transition should appear at value of di usion, labelled here
Dans, described by the following equation:

P— 2
Ur B;max _ quR oUr B;max 2R ouy B; max

=4:6 i.e Dyans = T (4.24)

P
Dyans CsDtrans

The numerical application of Eq. giveDyans 1:5 10 2m?s ! fora JET-like con guration.

In simulations supersonic ows rstoccurat D =5 10 3m?s ! that it to say at lower di usion than
predicted. This discrepancy can be explained by the assumption of a circular geometry in our model
Eq. (4.29). Moreover, the numerical scheme order was shown to impact the value of the transition
through its ability or not to capture shocks accurately. In fact for a circular geometry with a 2nd
order WENO scheme, the 1D-model predicts the correct value 0D ans .

It is worth noting that the rise of the u, g convective transport appears in our numerical simulation
at the same di usion than supersonic transition, i.e Dyans = Dy, therefore it seems to be a necessary
condition to be in a drift dominated regime of transport as it allows strong symmetry breaking of the
density.

4.3.3 Saturation of the SOL width at low anomalous transport
4.3.3.1 On de nitions of the SOL width

We now aim to de ne a SOL width looking at the radial pro les Fig. at the outer mid-plane (a)
and at the outer target (b). For D <D ¢, radial pro les follow the classical description of a decreasing
exponential. Pro les of both set of simulations, with or without u; g, coincide except for a small
inward shift of the peak at the outer target due to the inward direction of u, g below the X-point Fig.
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Figure 4.5: Poloidal prole of .y for diusive Figure 4.6: .gicn for purely diusive (black tri-
(dashed line), r B-drift (full line) and both r B angles), and forr B-drift (red square) simulations
and centrifugal drift (dot-dashed line) simulations as a function of the di usion coe cient, the dashed
forD=2 10 *m?s? straight lines represents the D scaling, and the x-
and y-axis are in log-scale, for JET-like simulation

b. However for simulations with supersonic transitions, pro les of simulations with and without
drift di er signi cantly. Moreover, pro les at the outer mid-plane of r B-drift simulations are not
well tted by an exponential function, thus the de nition of SOL width by a single e-folding length
is no longer relevant. Hence we use the so-called integral decay length, denoted.i,; and de ned
by nint = go N(r)dr=Ngep. This is a convenient de nition as it permits to compare exponential
pro les with more complex ones.

Another way to de ne the SOL's width, most commonly used in experiments [Eich 134], is to proceed
with an Eich's t [Eich 11]] convolution of a decreasing exponential and a Gaussian at the outer
target pro le (see Chapter 1 (1.12) for more details), the resulting estimation of the SOL width is
denoted n.gich. Since it is the most commonly used in experiments, this Eich's de nition is prioritized
to investigate this model. Nevertheless, if in this set of simulations pro les at the outer target are
well described by an Eich's t, it is not always the case, and in such cases we settle for the integral
description. Note that all estimates of SOL width take into account the ux expansion by remapping
pro les at the outer mid-plane in order to get rid of geometry e ects.

It is also important to point out that gradients vary not only in the radial direction but also in the
poloidal direction. On Fig f.5/ we observe that at low diusion n.int is uniform for purely di usive
simulations, but presents variation in the poloidal direction in the drift dominated regime. In this
set of JET-simulations variations stay at a moderate levels (of a factor about 15) but in other set of
simulations (see sectiol) poloidal variation amplitude of .jx can reach a factor 4. In conclusion
one must keep in mind that an estimation of a SOL width by a single value summarises the transverse
transport but is an oversimpli cation and hides the complexity of the plasma equilibrium.
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4.3.3.2 SOL width saturation in r B-drift dominated regime

On Fig. @ n:Eich IS reported as a function ofD. The estimate of the HD-model for the simulation
parameters and geometry is also reported in blue dashed line, but the comparison with the model
will be discussed latter in the section. We observe a perfect D scaling for purely di usive
simulations. The code is therefore robust in this low di usion regime and is not dominated by spu-
rious numerical di usion. As the use of low di usion coe cient are numerically challenging we also
proceeded to a test of convergence with the grid spatial resolution, and found that the estimate of,
does not change when increasing the resolution of the grid in B -drift simulations.

For r B-drift simulations, .gich Scales also as di usive simulations foD 5 10 3m?2s 1that
is to say for D > D ¢, which is in agreement with the result of section] 4.3.l where we have established
that the di usive operator is largely dominant in the transport in that range of D. This transport
mechanism is thus the one setting the SOL width. This is followed by a stagnation of n.gjcn corre-
sponding to the transition towards the drift dominated regime, and .gicnh Saturates at a non-zero
value whenD tends towards zero. Hence, at low di usion, one nds indeed a regime where the B-
drift is the mechanism determining entirely the SOL width. In such regime, .gicn does not depend
on the diusion level. One can then de ne the SOL width associated with the r B-drift large scale
transportby g =lim p, o. Here, we nd ;g L15mm.

The same scan can be made forn.ix estimated at the outer mid-plane, that gives similar trends
but with a lower value of stagnation 1 mm. Note that once again the saturation appears at the
same time as the supersonic transition, that is to sayD, = Dyans, CON rming that the r B-drift
dominated regime is governed by a complex parallel equilibrium.

4.3.4 Parametric dependencies

In order to have further insight in this transport regime, we now look at the parametric dependencies of
the SOL widthin |, g-drift in such regime. The scanned parameters are: the temperatur@e = Ty = T
for T = 25eV, 50eV, 75eV and 100 eV, and both poloidal and toroidal magnetic eldsB o and By,
which vary independently. Note that here the scaling is done for ,.ix because the target pro les at
high T and low B, are not well tted with an Eich's description. However, we have already assessed
that the trends of .gich and n:.ine are similar.

On Fig. @ we report i for the lowest di usion coe cient D =2 10 4 m?s 1 as an estimate
for ; g =limp o int @s a function of the main parameters. Note that for all parameters, the plasma
isin ar B-drift dominated regime at such low value of D. We nd that the SOL width depends from
two principal parameters: the temperature and the poloidal magnetic eld. First, g presents a
positive correlation with T, of the form T with  strictly lower than 0:5 ( it / T is indicated by
dashed lines). The scaling inBpo shows a decreasing dependency of g with By, close from the
inverse dependency p:int / Bpol| observed in experiments. D

The discrepancies of the numerical results with the rough estimation , g / A~ TByo 1 Eq.
can be explained by the fact the parallel ows evolve withBp and T, but this evolution is
not captured by the simpli ed estimation. In fact, the estimation of | g as the integrated radial
displacement driven by ther B-drift should depend on the parallel velocity and on the parallel length
travelled by particles owing toward the outer divertor target. On Fig. 4.8,|we observe that the
stagnation point, separating particles owing to the outer target and to the top of the machine, moves
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Figure 4.7: e SOL for r B-drift simulationg at D =2 10 “*m?s ! as a function of the temper-
ature with red dashed lines representing the T scaling (a) and as a function of the multiplicative

factor, g, on Byo and B with dashed lines representing theB pol| scaling (b)

downward with an increase of T or a decrease 0By, . This explain the weaker correlation between
r 8 and T as the e ective parallel length travelled by the particles decreases withT, which is not
accounted in the estimation of , g scaling.

Finally, it is worth noting that there is an additive functional dependencies with B, Fig.[?] b),
weaker than the one inBpg (15% of relative variation of  for B against 60% forB o), but not
completely negligible either. This e ect is also explainable by the parallel ows evolution, following
the same lines of thought as given above.

4.3.5 Drift dominated regime in a other geometries

The scan of the level of anomalous transport has been made for two other geometries: a circular limited
and a COMPASS divertor magnetic equilibrium (Fig @.1), to study whether the conclusions drawn
in the previous sections are robust in other equilibria and what is the impact of the geometry on the
results. Though the HD-model has been developed for divertor con guration, it is also interesting to
study its application in circular con guration since the model has been pointed out to be a potential
explanation for the narrow feature in start-up plasma [Kaan 15, [Goldston 15]. In this section p:int
at the outer mid-plane is used for the de nition of the SOL width in order to compare the circular
and the divertor geometry.

The same pattern is retrieved, with two regimes depending of the level of anomalous transport:

1. a diusive dominated regime at high D where ,.jx scales asp D

2. a drift dominated regime with a stagnation of n.jx and a non zero limit when D tends toward
Zero.

Let us stress that the threshold value ofD, Dy, for the stagnation of .t Occurs in both case
at Dyans, that is to say the bifurcation towards supersonic ows, hence the supersonic ows are a
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(@) (b)

Figure 4.8: Mach number poloidal prole in the near SOL, for r B-drift simulations for
D=2 10 “m?s ! for several temperatureT = 25eV, 50eV, 75eV and 100eV respectively blue,
green, red, cyan lines (a), and dierentBpo = 1=1:5;1; 1.5 Bpq;0 respectively blue, green, red lines

(b)

Figure 4.9: i for r B-drift simulations normal- Figure 4.10: Mach number parallel pro le for JET-
ized by the heuristic model prediction in JET-like like (blue with triangle) COMPASS-like (red line
(blue triangles), COMPASS-like (red circle) and with circle) and circular (green line with square)
circular geometry (green square) both x- and y-axis geometry at a distance of n.jx from the separatrix
are in log-scale andforD =2 10 “m?s?
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characteristic inherent to the r B-drift dominated regime which does not depend on the geometrical
con guration. In both geometry Dyans is correctly predicted by the simpli ed 1D-model presented
in section[4.3.2 predicting Dyans = 1:8 10 'm?s ! for circular geometry with a transition for D

between 1 10 'm2?s Yand 5 10 !m?s 1 in the simulations, and Dyans = 2:8 10 1m2s 1 for

COMPASS geometry with a transition for D between 1 10 'm?s ' and 5 10 'm?s ! in the

simulations.

We now compare the value of stagnation , g with the HD-model estimate, that is to say a SOL
width proportional to & TBpoll also obtained in ). We observe on Fi9a) that the ratio
r B= WD IS approximately constant 2 3 for the three geometries. This invariable ratio in the
three geometry could be explain by the similarity of the parallel equilibrium. Indeed, on Fig[4.10
reporting the Mach number poloidal SOL prole at a distance n.inx from the separatrix, one can
observe that the pro les at the LFS coincide for the three geometry. This interpretation is consistent
with the previous assertion that the parallel equilibrium has a strong impact on the establishment
of in this regime and that the discrepancy with the rough scaling law comes from the assumption
of constant parallel speed and parallel length. This also explains that we nd about the same ratio
for all geometries for the same LFS parallel ows. At the high eld side, the parallel ows dier
greatly because of the symmetry breaking of divertor con guration: for COMPASS geometry theu, g
contribution is weaker at the HFS due to the triangularity implying weaker P rsch{Schlster ows.

On the contrary the circular geometry presents a relatively symmetric parallel pro le.

4.3.6 Power SOL width

The previous model does not address explicitly the heat transport. In this section, we further look
at the impact of self-consistent electron and ion temperatures variations on particles and power SOL
width.

Simulations are run for two values of thermal di usivites ;= ¢=1m?s ! ;= =0:1m?s 1,
chosen as they are representative of the classical value of thermal conductivities in the pedestal used
in mean eld uid simulations to t H-mode experiment [Chankin 06, |Horton 05, |Kallenbach 04,
Gulejowa 07]. Concerning the boundary conditions, the electron and ion temperatures at the inner
boundary is taken constant, are equal to 100eV. On Figl, we observe that, for 1 1, the value
of nint @s a function of D follows the same trend as in the isothermal simulation, and the value of
saturation of iyt iS similar to the one found in isothermal simulation .j;x = 1:1 mm. Moreover, we
nd that  :int qint » under the assumption of high thermal di usivity. Let us also underline that
the equilibrium presents the same feature than in isothermal simulations, that is to say the presence
of supersonic ows and steady-state shock.

Simulations have been also run for this = 0:1m?s 1. It is found that the value of niint at
low D is not impacted, but as we could expect the value of stagnation of 4in: is smaller but only by
about 15%. In this range of , the power SOL width are not strongly impacted due to the fact that

T n-

Thus, in the r B-drift dominated regime, and for the chosen thermal di usivities, the assumption
that g n seems reasonable, and the inclusion of temperature variations does not impact drastically
the equilibrium.
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Figure 4.11: e and qine for r B-drift simulations as a function of the di usion coe cient in
anisothermal JET-like simulation (a)

4.3.7 Comparison of the numerical results with HD-model

The reduced model used in this section corresponds to the main assumption made in the heuristic drift
based raodel. Hence, it is worth comparing n.gich With the one predicted by the HD-model pp =

5 a Tsep
2. .2(8""' R)owe . . o
limit found in simulations lim py 0 nEich  1:5mm. Let us recall that this discrepancy between our

numerical results and the HD-model estimate is also retrieved for the other geometry (sectioh 4.3.5).
Moreover, the functional dependency onT ( wp / ~ T) is not retrieved in our simulations. The
scaling in B, although it shows a better agreement with the model, is not unquestionable. Indeed,
the dependency seems to be weaker than predicted, as highlighted by the low8,, point, showing a
variation 40% lower than the HD-model prediction Fig. @b).

The discrepancy between numerical results and the model is readily explainable by the parallel
equilibrium, important in the establishment of the SOL width in the drift dominated regime. Indeed,
the reduced model predicts n.gich under the assumption that the parallel velocity is constant and
equal to cs=2 in the lower outer quadrant of the SOL, while the Mach number at low di usion varies
between € and cs in this poloidal extent (Fig 4.3). Moreover, it assumes that particles ow from
the outer target to the entry of the divertor when in low di usion simulations the stagnation point is
halfway between the outer mid-plane and the X-point so particles crossing the separatrix at the outer
mid-plane ow to the top of the machine and not downward to the divertor target. In conclusion,
within the main hypothesis of the model, the assumption of ar B-drift dominated regime seems to
lead to a contradiction with the rst heuristic made that "the parallel ow along B to the divertor
competes at order unity with the usual P rsch{Schlster parallel ow to the opposite side of the
plasma" [Goldston 12].

. The numerical application for the JET geometry gives yp 3 mm namely twice the

4.4 Consequence of the relaxation of the simplifying assumptions

In the previous section we have analysed outstanding features of the B-drift dominated regime.
However, we know that important simplifying assumptions have been made for this model. In this
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section, we discuss the inclusion of missing physics: drifts not accounted for, recycling physics, charge
balance, and their potential impact on the SOL plasma balance.

4.4.1 Inclusion of the centrifugal drift

In uid models, the centrifugal drift is often neglected under the assumption of small mach number
in the SOL, % = M2 << 1. However, we have previously assessed that in B-drift driven
simulations supersonic ows are at play, thus neglectingucen: is not relevant. In this section, the
impact of the centrifugal drift on the transverse transport, parallel equilibrium and resulting SOL
width is investigated in a JET-like magnetic con guration. For this purpose, we compare simulations
including both r B and centrifugal drifts with ones including only the r B -drift.

On Fig we observe that the centrifugal drift ux is the largest term in the local particle ux
crossing the separatrix. However, its ux-surface averaged contribution is negligibld centi pg =htot i.g <
10%. Contrary to the r B-drift ux, the centrifugal drift ux is not only dependent on the density
but also on the parallel ows amplitude. Now, the later presents opposite asymmetry to the one of
density, as a result the centrifugal drift has a negligible contribution to the particle ux averaged
on a ux-surface. Neverthelessucen: has an indirect impact on the transverse transport, through
the modi cation of the poloidal equilibrium and h ; :with ueen Ips 125 N ¢ B;without ucen I pg- 1NE
plasma equilibrium response to the centrifugal drift is complex, and hard to capture as it results from
a complex inter-play between symmetry breaking of both the parallel velocity and the density, however
several e ects on the plasma equilibrium and the transverse transport can be underlined.

The rstimpact of ucen is to stimulate the symmetry breaking. Poloidal pro les present greater
variation for the parallel Mach number but also for .t (Fig and ) when it is included in
the model. The amplitude of variation in the poloidal direction of p.jx at the LFS for simulation
with centrifugal is twice the one for the same simulations without Ucen;, and the maximum of the
Mach number is 1.5 times greater in the case withucen;. Moreover, ucen; favors the transition towards
supersonic ows which appears at higherD for simulations including Ucent (above 1 10 ?m?s !
against 5 10 3m?s ! for simulation including only r B-drift).

This drift has also an impact on radial proles. At D <D , radial pro les exhibit three distinct
layers (Fig[4.14) in simulation including ucen:. When moving from the separatrix to the far SOL, one
rst nds a boundary layer, of about 1 :5mm wide, characterized by at gradient, followed by a second
layer with steeper gradients and nally the last layer with intermediate gradients. The rst layer can
be interpreted as a thin layer due to the radial displacement via drift convection of particles from
the core. Simulations with only r B-drift included present also the same kind of pattern although
less marked. The second layer is a layer where the transport would be essentially di usive, in fact
the e-folding length in this layer is about the same as the one in simulations without di usion. The
explanation of the third layer is not straightforward, but is most probably link to the rise of the
di usion coe cient at the outer border of the mesh, or to the boundary condition at the wall. Note
that this feature is also retrieved at the outer target, with irregular radial pro le presenting a at
layer in the area of the strike point. The scaling of it as a function ofD gives the same trend with
or without the inclusion of ucent (Fig , nint Saturates at a higher value in simulation with ucent
than in the one with only r B ( im  1:5mm), but is still 2 times smaller than the value predicted
by the HD-model.
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Figure 4.12: Poloidal pro le of the local radial ux Figure 4.13: Poloidal prole of Mach number in

due to diusion, r B-drift, centrifugal drift, and the near SOL (g = 1:004) forr B-drift simulation

total contribution for D =2 10 *m?s 1in JET- (red with square markers) and forr B and centrifu-

like simulations gal drift simulation (blue with triangle markers) for
D=2 10“%m?s 1!

Figure 4.14: Density radial prole for diusion Figure 4.15: .jx SOL for r B-drift simulations
(blue dashed lines), r B-drift (blue dot-dashed (blue triangles), andr B and centrifugal drift sim-
lines), and r B and centrifugal drift (blue full ulations (green squares) as a function of the di u-
lines) simulations at the outer mid-plane and for sion coe cient for JET-like simulation

D=2 10“%m?s?
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Figure 4.16: Mach number poloidal prole in Figure 4.17: Heat ux radial prole r B-drift simu-
the near SOL, for r B-drift simulations for lations at the outer targetfor D =2 10 ‘m2s 1
D =2 10 “m?s ! for simulation with neutral for simulation without (red line) and with (black
species (red with square markers), without neutral line) the inclusion of neutral species

species (black with circle markers)

4.4.2 Impact of recycling

Finally, we study the impact of the inclusion of neutral species in a low recycling regime in the case
where only ther B-drift is taken into account. Simulations have been run with tungsten PFC for the
divertor target and beryllium PFC for outer wall, with recycling coe cients of 0 :99 and 1 respectively,
the density is set at 1 10°°m 2 at the inner boundary and the density at the separatrix is about
1 10¥m 3 in order to be in a low recycling regime (i.e. the framework of the HD-model) and
a diusion coe cient is taken equal to 2 10 “*m?s ! to study the r B dominated regime. The
inclusion of neutrals is expected to impact the results as it modi es the value of parallel velocity in
the divertor region, and we have previously showed that the parallel equilibrium plays a major role
in the establishment of the SOL width. On Fig. we observe that the inclusion of neutral species
results in smaller amplitude of parallel ows, even if a supersonic transition is still reached in this
case. This also impacts the parallel variations of the density which are of a smaller amplitude and less
abrupt.

Looking at the pro les at the outer mid-plane, we observe that the simulation including neutral
species presents radial pro les (not reported here) with atter gradient, resulting in a larger SOL
width, it = 1:7mmand gt = 1:5mm. This can be explained by the fact that the Mach number
amplitude is lower in the lower-outer quadrant, so that particles crossing the separatrix at the bottom
and owing toward the top of the machine, are drifting during a longer time, resulting on a larger
SOL width at the outer mid-plane. But the SOL width are of the same order of magnitude and still
lower than the prediction of the HD-model. However, if we now look at the outer target pro le, we
observe the inverse e ect, both density and heat ux pro les of simulation without the inclusion of
neutral are more spread than in the case with inclusion of neutral Fig 4.1]7. The detailed study of the
physic in the divertor region is out of the scope of this work, but let us mentions several mechanisms
that can explain this e ect. First it is important to underline that the repartition of particle sources
is completely modi ed, and the ionization of neutrals in the divertor region becomes a major player in
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the source for the plasma. This tends to decouple the physic of the main SOL and divertor explaining
that we observe opposite variation of the pro le in the two regions. This e ect can also be observed in
the parallel ow amplitude, in simulations without neutral only a thin boundary layer at the vicinity

of the separatrix presents a Mach number close to zeros, when in simulation with neutral the Mach
number is close to zero at the divertor entrance on all the radial domain of the SOL. The fact the
radial pro le at the outer target presents sharper gradients at the strike point in the case including
neutrals could be partly due to ionization. Indeed this mechanism is proportional to the local density,
so will be maximum at the strike point, this way reinforcing the plasma source at the peak location.

4.4.3 Inclusion of the charge balance and electrostatic drift

In the model studied in this chapter the charge balance is not considered, and therefore B drift
is not included, following the framework of the HD-model. However, we know that ther B drifts
are charge dependent, and in the B-drift dominated regime, the principal mechanism of transport
leads to a charge separation and must therefore drives signi cant electric elds. Moreover, it has been
shown that the electric drift has not only an importance in E B turbulence but also drives large
scale transport that need to be taking into account even for a laminar approach|[Galassi 17].

Due to numerical constraint, too demanding in the regime of lowD considered here, no simulation
including the drift E B have been run yet. However one could expect a strong e ect of the addition
of the drift, especially in the low anomalous transport regime. Indeed, for a quasi-adiabatic electric
eld model, one has ( )/ InN (). Considering the large poloidal inhomogeneities of density, it
would create a large@ , i.e. a large radialE B drift velocity ug. SuchE B ows could modify
signi cantly the equilibrium.

Finally, in the r B-dominated regime, we expect high amplitude parallel P rsch-Schhster return
currents (if they were considered) of the order offsax 10° A.m 2. Even though this is still several
order of magnitude lower than the plasma current one could question to what extent it would impact
the plasma local equilibrium.

In conclusion, the question of the charge balance and consequent electric drifts is critical for the
studied regime and should be a priority for further investigations.

4.5 Interpretation and conclusion on the drift dominated regime

In this chapter, we have studied the impact of ther B-drift on the cross- eld transport and on the
SOL's width for di erent levels of anomalous transport using the uid code SolEdge2D.

The rst conclusion of this work is that in all cases, including anisothermal simulations, simulations
taking account neutral species, and all geometries, & B -drift dominated regime is reached at low
D. In such regime, the cross- eld transport is dominated by ther B-drift contribution and the value
of SOL particles or power width is set by the magnetic drift and does not depend anymore orD.
However, the relevance of such a regime, beyond the neglected physics, is disputable as it presents
some intrinsic problematics:

Existence only at level of di usion way below the neoclassical level. As underlined in the section
[4.2, the existence of a regime where the B-drift is responsible for non-zero cross- eld transport
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in the limit of extremely low di usion level is problematic, as the neoclassical transport associated
with curvature drift requires collisions. In particular, in the isothermal model, it raises the
question of the charge conservation in the model (see secti¢n 4.2.2).

Complex equilibrium presenting steady-state shocks associated with supersonic transitions that
should have been observed in experiments. Furthermore, in this regime characterized by large
Mach number amplitude, the impact of the centrifugal drift should be explicitly taking into
account, as discussed in section 4.4.1.

The comparison with the HD-model shows that in all the numerical studies in sectior 4., corre-
sponding to the framework of the model, the resulting SOL width di ers from the HD-model estimate
by a factor at least 2 (up to 3). This discrepancy can be explained by the hypothesis on the parallel
equilibrium in contradiction with a r B-dominated regime as proven by the 1D-model presented in
section[4.3.2. As for the turbulent 2D-models, we hence observe that one can not abstain from a
coherent resolution of the parallel transport, which impacts also the SOL width.

Finally, the problematics raised by the study of the r B-drift dominated regime call for further
investigations of the maodel. In particular, it calls for a self-consistent resolution of the charge balance
and of the electric eld.



Chapter 5

Turbulent heat transport in 3D
toroidal geometry

Study of 3D turbulent simulations is mandatory to understand the mechanism of heat turbulence,
approached with a 2D model in Chapter 2, together with large-scale convective transport, approached
with a transport code in Chapter 3. Moreover, the 3D geometrical e ects can also impact turbulence.
In particular, the third dimension allows to study a more realistic E B plasma rotation known to
impact turbulence particles ux at the separatrix and to play a role in the apparition of the H-mode.

The uid code TOKAM3X, used in this chapter, includes the physics suspected to play a signi cant
role in the heat transport: di usion, drifts and turbulence, and solved the uid equations in a realistic
geometry. The study of the physics of SOL power width is one of the long-term objectives of the
code, however, the code has been used only in its isothermal version until recently. Here, the recent
version of the 3D uid code TOKAMS3X, including self-consistent variation of both electron and
ion temperature, is used to investigate the impact of the addition of temperature dynamics on the
properties of turbulence and heat transport. In particular, the objective of this chapter is to answer
two questions:

Does the inclusion of temperature dynamics have a signi cant impact on the turbulence and
transport characteristic ?

Does the heat transport present the same characteristics as the particles transport. Indeed, this is
not evident since the recent experimental observation on various machines found an unexplained
narrow features in the radial decay of the parallel heat ux [Arnoux 13| [Kaan 15].

Particle turbulence and transport have been already described using the previous version of
TOKAM3X in Ref. [Tamain 14,] Tamain 15, Colin 15a], but this is the rst study addressing the
guestion of heat transport in this code. A comparison between results of one isothermal and one
anisothermal equivalent simulation is drawn to point out the impact of temperature dynamics. The
simulations run for the study are all in a L-mode like regime, with electrostatic turbulence largely
dominating the transport.
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5.1 TOKAMS3X anisothermal simulations : numerical and geometry
set up
The equations of TOKAM3X : the density conservation (5.1)),the parallel ion momentum conservation

(5.2), the charge conservation [(5.B), the electron and ion energy conservatiorj (3.4){(5/5), and the
parallel Ohm's law (5.6), detailed in chapter 2 are recalled here below :
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2
whereEe = 3NeTe and Ej = 3NiTi + 35, i = Nuy.

Three simulations have been run:

An isothermal simulation with Te=T; =1

An anisothermal simulation where the amplitudes of the energy sourcesSg,, Sg;) have been
chosen so that the electron and ion temperature at the separatrix are of the same order than in
the rst isothermal simulation ( Teaniso + Ti:aniso  2)

An isothermal simulation with the same temperature radial pro les as the anisothermal simula-
tion, denoted as isothermalr T simulation in the rest of this chapter.

The three simulations are in a limiter geometry with circular concentric ux surfaces, the minor
radius, a, is equal to 256, , and the aspect ratio to 34. This size is of the order of a small Tokamak
for example COMPASS. This simple geometry allows in a rst approach to understand the basic
properties of turbulence and transport in the anisothermal model. The studies on divertor geometry
are out of the scope of this chapter and should be discussed in future work in complement of those
already led with an isothermal model [Galassi 117].

The simulated physical domain extends from the closed ux surface min=a= 0:8, to the open ux
surfacesrmax=a = 1:2. In the parallel direction, only half of the torus is simulated, and Bohm-Chodura
boundary conditions are imposed at the sheath entrance. Simulations are run for a 64 512 64 (

, ' )-grid and with an integration time of 1 (1.
Under the TOKAM3X normalization described in chapter 2, the parallel resistivity of the plasma
« is taken constant in space and time and equal to 1 10 ° in this set of simulations. Note that its



88 Chapter 5. Turbulent heat transport in 3D toroidal geometry

dependency onTe ( /' Te 3:2) is not taken into account as it is a rst stage work towards a more
complete model. Moreover, given the chosen normalization, the typical value of, in a medium-size
Tokamak is about 10 ©, thus larger than the parameter retained here. This choice is due to numerical
cost considerations. The in uence of the value and dependency of the parallel resistivity will have to
be discussed in future work. The cross- eld di usion coe cients, D, .g, for each eld F, are xed to
D-.r =5 10 3and the coe cients of parallel conduction for electrons and ions,K S:i, are respectively
equaltol 10°and 1 10*. Unlike the parallel resistivity value, the chosen value for these coe cients
is of the same order as the typical value in a medium-size Tokamak.

In Tokam3X, the computation of the electrostatic potential requires the inversion of the vorticity
operator, a highly demanding computational step. In the isothermal simulation, this operator does
not depend on time and can be inverted once and for all at the beginning of the simulation within the
Boussinesq approximation. However, in anisothermal simulation, the operator expression depends on
electron temperature via Bohm boundary conditions. The operator is thus time dependent, and should
be inverted at each time step. In order to reduce the computational cost, this operator expression
is modi ed only every 50 time steps, and the operator is inverted accordingly. Nevertheless, the fact
that the characteristic time of turbulence is about 400 (! >> 50 ! suggests that the dynamics are
probably recaptured correctly even though the operator is not solved at each time step.

5.2 Turbulence characteristics in anisothermal 3D simulation

In this section, we characterise general features of particle and energy uctuating structures observed in
the anisothermal simulation, and we draw a comparison with the isothermal simulation with constant
temperature Te = T; = 1.

5.2.1 Common features and di erences between isothermal and anisothermal sim-
ulations

Both isothermal and anisothermal 3D simulations exhibit turbulent uctuations of density, potential
and also electron and ion temperatures in the anisothermal case represented on Fig. 5.1. On F[g. |5.2
representing the density on a ux surface at an arbitrary time, one can observe that the turbulent
structures form quasi eld-aligned laments, usually referred to as blobs by analogy with 2D sim-
ulations. They propagate intermittently through the SOL as coherent structures on long distances
reminiscent of experimental observations [[Fedorczak 11, Dudson 08]. Furthermore, uctuations of
density and electron temperature present the classical ballooning feature signature of interchange-like
turbulence. Indeed, uctuations in the SOL region exhibit a poloidal asymmetry, and turbulence in-
tensity is higher at the outer mid-plan than at other poloidal locations. Note that these characteristics
were already obtained for the transport of particles in the isothermal previous version of TOKAM3X
presented in Ref. [Tamain 14) Tamain 15/ Colin 1543].

These blobs are advected by thee B drift leading to a turbulent outward ux for each eld F
denoted F-turb @ And the ux-surface averaged of theE B turbulent ux ( h g.yp i . ) exhibits
long radial structures penetrating into the SOL Fig. 5.13.

Fiturb = = B B; (5.7)
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(@) (b)

() (d)
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Figure 5.1: Snapshots of poloidal cross-section of density uctuations for isothermal simulation (a) and
anisothermal simulation (c), of potential for isothermal simulation (b) and anisothermal simulation
(d), and of electron (e) and ion (f) temperature uctuations for anisothermal simulation
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Figure 5.2: Snapshots density on a ux-surface in the near SOL

Even though the intermittent main features are observed both in isothermal and anisothermal
simulations, one can already note di erences on turbulent structures on Fig[5.]L :

Radial potential pro les : in the anisothermal simulation, the potential pro le presents a maximum

in the vicinity of the separatrix, when in isothermal simulation the radial variation of the potential

is more or less monotone. This ring of high potential corresponds to a zone of high shear discussed
in section[5.3.2. This di erence on potential between the two simulations will be explained by two

di erent e ects in the core and in the SOL region :

In the core region, the diamagnetéc contribution to tt? polarization drift in the vorticity expres-
sion (the second term inW = r  Zr + <L,r P; ) pulls the potential to follow the opposite
of the ion temperature gradient.

In the SOL region, the Ohm law forces the potential to follow the electron temperature via the
sheath boundary condition. Thus the potential presents a radial gradient in the anisothermal
case when it is rather at in the isothermal case.

Penetration of density intermittent structures into the SOL : in the isothermal simulation,
density intermittent structures present a larger radial extend, and some of the structures even cross
all the SOL and go up to the wall. In anisothermal simulation, it is not anymore the case and it seems
that density turbulent structures are decorrelated from structures in the core plasma after crossing
the separatrix. In fact, this observation could be linked to the presence of a high amplitude shear
layer at the separatrix. This e ect will be discussed in section[5.3.2 of this chapter.

Finally, one can observe that the turbulent structures of both electron and ion temperature presents
di erent spatial repartition than the one of density, indeed there are no large amplitude uctuations
of the temperature in the core region, and there are only evident in the SOL region. This point will
be further discussed on properties of turbulence in sectiop 5.2.2.

5.2.2 Characterisation of turbulence structures in TOKAM3X

To study turbulence properties, we start by a characterisation of the shape of intermittent bursts of
density, potential, and ion and electron energy in the poloidal and temporal directions. In order to
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(a) (b)

(© (d)

Figure 5.3: Poloidal pro les of intermittent structures using conditional averaging of density, potential,
ion and electron energy and ion and electron temperature for isothermal (left) and anisothermal
simulations (right) in the core region =a = 0:9 (top), and in the core region =a =1:05 (bottom).

discriminate the high amplitude events, we proceed to a conditional averaging for density, energies
and electric potential. The conditioning is made onN, and only the events with an amplitude higher
than 2 local standard deviation above the local mean eld in toroidal and temporal direction are
considered, as done in section for Tokam2D.

In 3D simulations, the intermittent structures are determined by their position in temporal, and
both poloidal and toroidal directions (t,, b, ' b). Due to the ballooning nature of turbulence, the dif-
ferent poloidal position are not equivalent, as turbulence characteristics exhibit large inhomogeneities
in this direction [Tamain_14]. For this reason, the area of averaging is restricted to a poloidal extend
of 15 on both sides of the outer mid-plane, i.e. the region where turbulence is the most developed.

One can also de ne an averaged phase-shift, denoted in order to quantify a phase shift between
two elds. is de ned as the arc-cosine of the correlation coe cient of uctuations between the two
elds (here no conditional averaging is applied).
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Figure 5.4: Temporal pro les of the intermittent structures using conditional averaging of density,
potential, ion and electron energy for isothermal (left) and anisothermal simulations (right) in the
SOL region =a =1:05.
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On Fig B.3. the typical bursts of density, potential, energies and temperatures are reported for
isothermal (Te and T; constant) and anisothermal simulations. The radial positions (=a = 0:9,
=a = 1.05) have been chosen to be both far from the source area and the walls. The averaging is
made on at least 300 events. We check that the sample size is statistically signi cant by drawing
di erent sub-samples of 150 events with almost no variability in the conditional averaging results.
First, if one compares the density and energy turbulence, one observe that the structures & and of
both 2=3 E. and 2=3 E; coincide almost perfectly in shape and in amplitude. In the core region,
this can be readily explained by the fact that the amplitude of temperature uctuations are negligible,
about 10 times smaller in comparison to the ones of density. Hence, in the core region, the energy
turbulence is entirely due to the uctuation of density and can be resumed by the study of particles
turbulence.

In the SOL region, the e and 4F‘. amplitudes are also smaller than the one oN", but not negligible
(about 2 times smaller forfl'e and 3 times forﬂ). However, fl'e and *F‘, are rather well correlated with
N with N:T.; () < 20 , which explains the fact that density and energy structures coincide also
in this region.

We now compare the results between isothermal and anisothermal simulations. In the core region the
structures of density and potential of the two types of simulations present similar characteristics. In
both simulations, we nd the same poloidal correlation length 10 | (de ned in section T2D), and

a quasi perfect phase quadrature between density and potential uctuations in agreement with the
experimental observation that found the potential to be in phase with the electric eld i.e - =2
[Fedorczak 11].
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In the SOL region, we observe a strong re-correlation between density and potential structures in
the anisothermal simulation. In fact, this correlation gets stronger when moving from the separatrix
to the far SOL, and the averaged phase shift betweet¥ and € at the outer mid-plane, N=:iso(; 0)
goes from =2 in the core region down to 02 in the far SOL. In the isothermal simulation, N and
€ present also a re-correlation in the SOL, however this is less marked than in the anisothermal case,
and N=:iso(; 0) goes only downto 0:3 . One can speculate that this could be attributed to the
fact that electron temperature uctuations are taken into account in the Bohm boundary condition
at the target, which has been proved to trigger a re-correlation of the structures ofN and in the
2D models Tokam2D due to the sheath-driven conductive wall instability. Note that the turbulent
structures have been studied at other poloidal locations, and similar characteristics are retrieved both
at the top and at the inner mid-plane.

Finally, if we consider the temporal pro le of the intermittent structures in the SOL region Fig 5.4 jve
nd that the shape of the turbulent structures in isothermal and anisothermal simulations presents
once again similar shape, in particular they exhibit the same time scale 400 1.

Note that all the conclusions presented on turbulent structures on isothermal simulation with constant
temperature are also valid for the isothermal simulation with temperature pro les thus the di erences
observe in this section can indeed be attributed to the temperature dynamics.

5.2.3 Statistical properties

One can further study the intermittent features by looking at the statistical properties of turbulence.
In agreement with experimental results, turbulence in 3D simulations presents a high uctuation level
of density at the outer board SOL, with the same order of magnitude in isothermal and anisothermal
simulations, comprised between 30% and 40%. The density uctuations exhibit a poloidal asymmetry,
with a smaller amplitude at the inner board, lower than 20% for both type of simulations.

The low uctuation level of temperatures in the core region, lower than 5%, is in agreement with
the previous results showing that the temperature uctuations are negligible in the core region. In the
SOL region, the temperature uctuation levels at the outer board are smaller than the ones of density,

20% for T and  10% for T;. Moreover they do not present any evident in/out board asymmetry
in comparison with density. However, as the temperature uctuations are coherent with the ones of
density, it results in a high level of energy uctuation level at the outer board, higher than for density,
40% to 70% forEe and 30% to 50% forE;, with important infout board asymmetry.

In fact the statistical properties of the temperature could have two main physical explanations detailed
below.

First, a signi cant di erence between the equation of density and the ones of energy is the presence
of the fast parallel di usive terms r ngiTei:izr (Te=ib with KT 10° 10F 1 in the equations
of energy. The expression in the divergence is of several orders of magnitude higher than other terms
of advection of the order of one or less. If one considers a ux-surface in the core region with an
irrational safety-factor value, all points in this ux surface would be fast linked with each other due to
the strong parallel transport. This homogenization on a ux surface could thus explain the low level

of temperature uctuations in the core region. This argument can also explain the low uctuation
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Figure 5.5: Poloidal map of level of uctuations of density in isothermal simulation (a) and for density
(b), electron (c) and ion temperature (d) in anisothermal simulations
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Figure 5.6: Flux-surface averaged radial pro les of Figure 5.7: Scheme of the particle and energy
the density, of the electron and ion temperature and sources as implemented in the code (top) and as
of the electron and ion pressure for the anisother- are expected in reality (bottom) TOKAM3X and
mal simulation. consequent density and temperature pro les

level in the SOL, however the symmetry breaking due to the presence of the wall can explain that
the intermittent structures of temperatures are more developed in this region. In the same way, the
smaller poloidal asymmetry of the uctuation level of temperatures (i.e. less ballooned) can also be
attributed to this fast homogenization in the parallel direction.

It is worth to note that this high parallel di usion is di cult to handle computationally and neces-
sitate a speci ¢ numerical schemel[Ganter 05]. This term could also be a source of an arti cial spurious
e ect damping partially temperature uctuations. This question has not been investigating yet but
would need further numerical veri cation such as the one presented in Ref.[[Cartier-Michaud 16].

The second explanation comes from the fact that, in the code, both sources of particle and energy
are located at the inner boundary, as TOKAM3X does not include self-consistent particle fulling. On
the contrary, in the reality, the principal source of particles comes from the wall region, and only the
source of energy is located in the core region, as illustrated on Fid. §.7. In TOKAM3X, the source
location has for consequence that the density pro le presents an important gradient in a core region
Fig. 5.6. This important gradient combined with the high density uctuation level is responsible for

a large intermittent particle transport, e cient enough to transport both particles and energy from
the core to the SOL region, without further uctuations or gradients of temperature. In fact, the
temperature gradients in the core are negligible compared to the one of density Fig[ 5.6, and ion
and electron pressure pro les coincide almost with the density pro le. If the fulling in particles were
self-consistent, one could expect a di erent pattern with a atter density pro le in the core region and
sharper temperature pro les, inducing more temperature uctuations in the core region.

On Fig. .8, the PDF of the particles and energy turbulent uxes at the outer mid-plane are
reported for anisothermal simulations in the SOL at =a = 1:05. The PDFs of particles and energy
turbulent uxes are representative of a highly intermittent transport, with a shape far from a Gaussian
distribution representative of a di usive-like transport. They exhibit a long tail both for large positive
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Figure 5.8: PDF of particles and energy turbulent Figure 5.9: Radial pro le at the outer mid-plane of
ux in anisothermal simulations at the outer mid- the skewness

plane and at the radial location r=a = 1:1 a Gaus-

sian t of the PDF is reported in transparent. PDF

are reported in log scale, centered on zeros, normal-

ized by standard deviation

or negative values. The weight of the PDF wings can be quanti ed by the kurtosis momentumK,
the kurtosis has a strong radial dependency and goes from 1 in the core region up to more than 10
in the far SOL Fig. 5.9, In spite of the presence of a tail in the negative part, the distribution of the
turbulent transport is nonetheless positively skewed, from about 1 in the near SOL up to 4 in the far
SOL, explained by the fact that the tail in the positive part is longer. The amplitudes of skewness and
kurtosis are about the same in isothermal and anisothermal simulation, presenting similarity with the
work presented in [Tamain 15], small skewness and kurtosis in the core region and increasing in the
vicinity of the separatrix and all along the SOL.

In conclusion of this section, we have shown that in the studied regime:

Turbulence exhibits similar characteristics in isothermal and anisothermal simulations : similar
intermittent structures, level of uctuations, characteristic scales...

In the present regime, we observe at temperature pro les and little temperature uctuations in
the core region. This has for consequences that in the core region the energy structure coincides
with ones of density, and theE B turbulent transport is transported by density uctuations.

5.3 Transport of particles and energy in Tokam3X

5.3.1 Intermittent transport of particles and energy in Tokam3X

We now characterise the cross- eld transport averaged on ux surfaces. On Fig 5.10, the dierent
contributions to the ion energy ux on the ux-surfaces are reported as a function of the radial
position for anisothermal simulation. The gure is not reported for the electron energy ux, as the
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Figure 5.10: lon energy ux averaged on a ux- Figure 5.11: Proportion P of the total E B ion
surface as a function of the radius for anisothermal energy ux owing through a poloidal angular sec-
simulations tion of centred on the outboard mid-plane.

uxes present exactly the same characteristics. Note that here, the uctuating and the mean- eld
components ofE B cross- eld uxes are separated and de ned as follows :

WFug gig: = lrFihuE{7Bit;;-}+ lH{'-"aE{ﬁit;;v} for F 2 N;Ee; E; (5.9)
Eeag-eld }é"bB

The ux surface balance reveals that, in the studied regime, the radial transport of both particles
and energy is governed by theE  B-advection of intermittent structures t,g”bB which weights for
more than 80% of the total ux at the separatrix Table This result is also valid for the particles
ux of the two isothermal simulations, thus one can conclude that the studied regime here is a L-mode
like regime for the three types of simulation.

F Niso Niso;r T Naniso Ee Ei

£ BF | 90% 70% 84% | 90% | 93%

tot ;F

Table 5.1: Contribution of the ¢, to the total ux at the separatrix for particles, electron and ion
energy balance and for both isothermal and anisothermal simulations

Moreover, the E B radial uxes present the classical ballooning feature, which can be estimated
by P the fraction of transport E B advected within a poloidal extend of around the outer mid-plane:

=2 .
* _,h ;e giy d

h .g iy d

On Fig. P is reported for the ion energy ux in the anisothermal simulations and at several
radial positions. As for the radial pro les of the ux, the gure for electron energy is not reported,
as the E B ux presents exactly the same ballooning characteristic. One can observe that the
ion energyE B ux averaged in time and -direction presents a ballooned distribution, and more

P(; )= (5.10)
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than 75% of the E B ux crosses the separatrix in outer half of the torus, as already reported in
[Colin 15b]. This ballooning property is retrieved both in the core and in the SOL region. Thus this
is a property of edge turbulence and not only the SOL, even though the ballooning distribution is
less marked in the core region. Note that for radial positions in the SOL, the curves decrease in the

vicinity of =180 that is to say when the poloidal extend comes close to the limiter. This e ect
is due to inward ux in the limiter region.
In Table 5.2} the values of P for =a = 1:1 and = 120 are reported for the elds N, Ee

and E; for the three studied simulations. We deduce that the ballooning property is retrieved for all
elds and both isothermal and anisothermal simulations. However one can note that the simulation
without temperature gradient exhibits a lower value of P in the SOL, which is also true for other
radial location.

This ballooning transport is responsible for important poloidal asymetries on density which presents
a variation of a factor about almost 2 between inner and outer mid-plane.

F Niso I\liso;r T Naniso Ee Ei

P(=a=1:1, =120)| 60% | 77% 73% | 73% | 71%

Table 5.2: P at the radial position =a = 1:1 for particles, electron and ion energy balance and for
both isothermal and anisothermal simulations

Finally, in the three simulations, the transport driven by r B-drift advection does not contribute
signi cantly to the total ux neither in particle nor in energy balance ( j = tj < 5%). The observed
plasma regime is thus far from ther B-dominated regime presented in Chapter 4. Nevertheless,
this is in agreement with results presented previously. Indeed, a coarse estimaggn2 of the di usion
corresponding to the anomalous transport in the simulations givesD anomalous = chT“o 2més 1,
well above the diusion values of transition towards the r B-drift dominated regime. Hence, no
universal conclusions on the role of this type of mechanism can be drawn without further investigations,

speci cally concerning H-mode like regime.

5.3.2 Impact of the shear layer on the cross- eld transport

Even though the cross- eld transport at the separatrix is dominated by E B turbulence in the three
studied simulations, there is a signi cant di erence of the radial shear of the poloidalE B velocity
Eq. [5.11 in the vicinity of the separatrix.

D
@ ;@ ;' (5.11)

In anisothermal simulation, the amplitude of the shear is twice the one in isothermal simulation
Fig. a). Moreover the isothermal simulation with temperature gradients also exhibits this shear
increase with the same amplitude. Thus the shear increase can be attributed to presence of tempera-
ture gradients and not to the addition of temperature dynamics. The addition of temperature gradient
combines two di erent e ects :

T;-gradient impacts the potential pro le in the core region via the modi cation of the second
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Figure 5.12: Flux-surface averaged radial pro le of the radial shear of the poloidaE B velocity (left)
and of the electrostatic potential (right) for anisothermal, isothermal r T and isothermal simulations

(right)

term of the generalized vorticity. However, considering the at ion temperature pro les in the
core region Fig[5.6, one expects little impact of theT;-gradient on the potential pro le in the
core region.

Te-gradient modi es the potential which follows 3Te in the SOL due to the sheath boundary
condition.

Now, on Fig. b), one can observe that the potential radial proles of anisothermal and
isothermal simulations present similar slope in the core region, as expected from the similar gradients
of N and P; Fig 5.6 The principal dierence is observed in the SOL region where the potential
decreases in the simulations including Te, When it stays rather constant in the case with constant
temperature. Hence one concludes that, in this regime, the increase of the shear amplitude can be
attributed to the additional r Te modifying the potential in the SOL region.

The electrostatic shear is known to be responsible for a decorrelation of the turbulent structures
[Fedorczak 13], which penetrates deeper into the SOL in the presence of a smaller shear amplitude.
On Fig. .13, we report the ux-surface averaged of the particularE B ux as a function of time
and the radial position. We observe indeed that theE B ux in isothermal simulation with constant
temperature presents a longer penetration length than in the simulations presenting a high amplitude
shear layer (i.e the anisothermal and isothermalr T simulations). This would lead to think that the
shear amplitude is the mechanism responsible for a reduction of the penetration of turbulent structures
into the SOL.

If we now look to the ratio of E B particles turbulent ux in the total ux Fig. 5.14, We observe
that for the isothermal r T and anisothermal simulations, the proportion of the turbulent transport
in the total ux falls down to respectively 50% and 65% in the SOL. However, in the anisothermal
simulation, the maximal reduction of turbulence ( =a  1:05) is located after the radial position of
the shear layer (=a  1:005). Hence, even though we expect the high amplitude shear layer and the
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Figure 5.13: Color plot of the ux-surface averaged radialE B particles ux as a function of time
and radius for anisothermal simulation (left), isothermal simulation with T constant (middle), and
isothermal r T (right)

Figure 5.14: Ratio between the ux-surface averaged of radiaE B particles ux and total radial ux
as a function of the radius for anisothermal simulation (blue), isothermal simulation with T constant
(green), and isothermalr T (red)

reduction of the turbulence in the SOL to be link somewhat, the mechanism of interplay between the
shear layer and the reduction of the turbulent ux in the SOL remains unclear, and requires further
investigations. So far, one can not talk about a transport barrier since theE B transport proportion
in the global balance does not decrease signi cantly in the vicinity of the separatrix, i.e., the region
of high shear amplitude.

It is worth noting that the reduction of the turbulent transport is less pronounced in the anisother-
mal case, which could be attributed to a modi cation of the turbulence dynamic, for instance due to
the existence of an additional mechanism of instability at play in the presence of temperature uctu-
ations.

The amplitude of the shear seems also to have an impact on the SOL density pro les. In isothermal
simulation with Te = T; = 1, others things being equal in particular transverse transport, the density
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Figure 5.15: (a): Radial prole of density at the outer-mid plane for isothermal, isothermal r T
and anisothermal simulations. (b): Radial prole of the heat uxes at the outer-mid plane, grey
dots represent the dispersion of the value at each radial position, and the dashed lines the standard
deviation for the total heat ux.

pro les should be steeper than in anisothermal and isothermalr T simulations. Indeed, in the SOL
Teaniso + Tianiso < 2 Teaniso+ Tianiso 13 at =a =1:05and 1at =a =1:1and 1. Thus,
the parallel sheath losses/( = Te+ T;) are smaller by a factor up to~ 2 in the anisothermal case.
However, one can observe on Fi5 a), that the density gradient in the isothermal simulation is of
the same order as the one in the anisothermal and isothermal T simulation, the SOL's pro les are
even atter in the isothermal case Fig. [5.17. This can be explained by the diminution of cross- eld
transport due to the smaller penetration length of turbulent structures into the SOL in anisothermal
simulation, which compensates the diminution of the parallel losses.

5.4 SOL width in TOKAM3X

In this nal section, we draw some characteristics of the power SOL width observed in the anisothermal
simulation, the objective is not to give a quantitative description of ¢ for a experimental comparison
but to look at the qualitative features of the heat ux pro les.

Here, we de ne the power SOL width ( ¢) as the e-folding length of the parallel heat ux (.

P— P——
k= Gket Gi= e Tet TiNTe+ i Te+ TiNT; (5.12)

The e-folding length is estimated by a least squares regression.

On Fig. b), the radial pro les averaged in the toroidal direction and time of electron, ion and
total heat ux are reported at the outer mid-plane. On @ pro le, one can observe a slight sti ening
of the pro le at the separatrix. This feature, if not striking on radial pro les, is easily observed on the
radial pro le of the local gradient Fig. $.16|b), presenting higher gradient amplitude in the vicinity
of the separatrix. This increase of the gradient is more signi cant for the heat ux pro les than for
the density pro le, which is reminiscent of the narrow feature observed in experiment. This feature
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Figure 5.16: Radial pro les of local inverse decay Figure 5.17: e-folding decay length ey, as a func-

length for density, electron and ion parallel heat tion of the poloidal position for density and electron

uxes and ion heat ux, =0 being the outer mid-plane
and =90 the top of the machine

is probably linked to the presence of the shear at the separatrix as suggested by Ref. [Halpern|17],
however further work on this question would be required to have a better understanding of this physics.
Moreover, as said in the previous sectiony B -drift transport does not contribute signi cantly to the
global energy transport, which seems to point out that it is not the mechanism responsible for the g
narrow feature as suggested by Refl [Kaan 15, Goldston 15].

On Fig. b), the values of each temporal and toroidal point are reported as small scatter, which
also permits to remark that the heat ux pro le in the SOL is highly intermittent. In particular, the
maximal value of the heat ux is about 3 times the mean values at the separatrix, but this ratio goes
up to more than 5 in the far SOL, thus the temporal variation of heat ux should not be overlooked.

Finally, on Fig. p.17} the estimation of g is reported as a function of the poloidal location. Observe
that the SOL width presents also signi cant poloidal asymmetry, observed experimentally in L-mode
for particle SOL width [Gunn 07], the factor between the maximal and minimal value of the 4 as
function of the poloidal location is about 2. The poloidal asymmetries are the same for all the elds
N, g and g, with the highest values of 4 around the outer board, where turbulence takes place.

5.5 Conclusion

In this chapter, we have shown that turbulence in the anisothermal simulation presents similar char-
acteristics (uctuating structures and statistical properties) than in the isothermal ones. Hence, the
impact of the temperature uctuations on turbulence in 3D simulations is less striking than in 2D
simulations. The clear impact of the SCW instability described with TOKAM2D is not observed,
even though the high correlation between density and potential uctuation in the SOL region in the
anisothermal simulation is reminiscent of this mechanism. However, only one anisothermal simula-
tion has been run so far, and further investigations, in particular with a parametric scan, would be
necessary to study the presence of the SCW instability in 3D simulation.

In the present simulations, the plasma regime is close to a L-mode like regime where the transport
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is dominated by turbulence. The transport of particles and energy presents the same characteristics
(highly intermittent, ballooned) and is close from the ones observed in the isothermal simulations.
This is in agreement with the fact that, in the studied simulations, the density uctuations are the
ones responsible for the turbulent uxes of energy, and that temperature uctuations are rather low.

Nevertheless, a key di erence between the isothermal and anisothermal simulations is observed with
the apparition of a shear layer of larger amplitude in anisothermal simulations. The shear amplitude
is due to the presence of an electron temperature gradient, which pulls the potential to followTe in
the SOL region. However, such a shear does not seem driven by the addition of temperature dynamics
as a shear layer of the same amplitude is retrieved in an isothermal simulation with corresponding
temperature gradients. Moreover, this shear layer seems to be come along with a reduction of the
ux penetration length observed both in isothermal r T and anisothermal simulations, but the clear
interplay between turbulence and this shear layer remains unclear.

Considering all the characteristics observed in this work it seems to point out that in the studied
regime, the addition of temperature dynamics has not a strong impact apart from the one due to the
addition of temperature gradient.

Finally, we have shown that the power heat uxes are highly inhomogeneous (in time and space)
in particular a narrow features reminiscent of experimental results is observed on the heat ux pro le.
However, the mechanism responsible of such feature is not clear identify, and this problematic would
need further investigations.



Conclusions and perspectives

This work was motivated by the power exhaust problematics. This is a critical issue for the economical
viability of future fusion devices requiring a su cient power spreading on Plasma Facing Component

potentially damaged by high energy deposition. For a given input power, the peak heat ux at the

target is set by the SOL heat channel width, ¢, and divertor spreading. Hence, the heat channel
width is a key parameter for tokamak operation. This work is dedicated to the improvement of the

understanding of the physic underlying the heat transport, a critical task for the engineering design
of future Tokamak devices like ITER and DEMO.

The study of turbulent heat transport in anisothermal L-mode like simulations has been realised using
two uid codes: TOKAM2D, a 2D model with simpli ed geometry, which has permitted us to review
the basic properties of energy turbulent structures and transport and TOKAM3X which has allowed
us to have a more complete approach with the study of 3D properties of the turbulence.

The rst conclusion drawn from the comparison between isothermal and anisothermal model is that
the inclusion of self-consistent uctuations of temperature does not change the general phenomenol-
ogy of the turbulence. Indeed, in isothermal and anisothermal simulations, one observes the same
kind of intermittent structures with comparable shapes and an highly intermittent transport. In 3D
simulation, one retrieves the same poloidal asymmetries (ballooned uctuation levels and ballooned
turbulent uxes) which are characteristic of interchange turbulence. Furthermore, in 3D simulations,
we point out that the turbulent ux of energy seems to be transported almost entirely by density
uctuations. One should be caution with this conclusion, as no parametric scans has been performed
so far with TOKAM3X simulations. Thus, the result of the present studied regime might not stand in
other types of regime (for example H-mode, divertor simulations, or other regime of collisionality). In
particular, we point out that if the neutral description was included, the modi cation of the particle
source localisation could lead to a completely di erent pattern with a atter density pro le in the core
region, inducing more temperature uctuations. Nevertheless, if this were proved to be true, at least
in a certain range of parameters, this is signi cant information permitting to reduce the numerical
cost of the simulation under certain conditions.

Although the general phenomenology of turbulence stays the same, one can also point out dif-
ferences between isothermal and anisothermal models. First, the inclusion of electron temperature
uctuations drives a drift-wave-like mechanism of instability, the sheath negative resistance instability,
triggered by the T uctuations in the Bohm boundary conditions. In the simulations, this additional
mechanism acts on top of the well known interchange drive. The characterisation of the turbulence
features in TOKAM2D simulations, using the input of linear analysis, has revealed that the additional
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instability has a signi cant impact: it increases the turbulence scales, triggers a re-correlation be-
tween density and potential uctuation, and a diminution of the statistical skewness. This instability
impacts not only the turbulence characteristics but also the steady-state equilibrium, thus the SOL
width, through the modi cation of the level of cross- eld turbulent transport and of the parallel losses.
Although this mechanism has been clearly identify only in the 2D simulation, some features in 3D
simulations seems to point out that such mechanism could also be at play in anisothermal simulations.

Finally, another key di erence between isothermal and anisothermal simulations can be underlined.
In 3D simulations, the addition of temperature gradients, whether one takes into account temperature
uctuations or not, triggers a high amplitude shear layer via the modi cation of the potential pro le.
This shear layer seems to impact somewhat the turbulence, resulting in a consequent reduction of
turbulent ux penetration length. However, the mechanism of interaction between the shear layer
and the turbulence remains unclear. This impact on turbulence might also have something to do with
large inhomogeneity observed on the heat ux radial pro les in the SOL region. More speci cally, the
heat ux radial pro les present a sharp narrow feature reminiscent of experimental results. However,
as for the role of the shear layer, the physic of the formation of such a narrow feature remains unclear
and requires further investigation.

Going towards the understanding of transport mechanisms at play in the H-mode regime, we have
studied the plasma equilibrium in the limits of low anomalous transport with the means of transport
code. In this paradigm, the work on SolEdge2D was entirely dedicated to the study of the large scale
transport by magnetic drifts as such drift orbits e ects has been pointed out as a potential key player
in the transport in H-mode plasma. The rst conclusion of this work is that in all cases, including
anisothermal simulations, simulations taking account neutral species, and all geometries, a B drift
dominated regime is reached at low anomalous transport level. In this regime, the value of the SOL
particle or power width is set by the r B drift and does not depend anymore on the di usion level.
However, the relevance of such regime remains questionable as it exits only at extremely low level of
transverse transport, way below the neoclassical level.

Furthermore, this regime is also characterized by a complex plasma equilibrium presenting super-
sonic transition and steady-state shocks. If this regime indeed exist, one should be able to retrieve
its highly distinctive characteristic in experiments, namely high poloidal inhomogeneities as well as
important poloidal gradients of the density and the parallel Mach number. So far, such characteristic
has never been reported in experience. However, this is to balance with the fact that one has only
an incomplete picture of the plasma state for each experiment. This is specially true for H-mode
experience where it is challenging to dive probes into the plasma without taking risks for the integrity
of the diagnostic. Hence, to draw further conclusions on the relevance of such mechanism one should
design dedicated experimental sessions.

In any case, if thisr B drift dominated regime was proved to exist, one should take into account
the complexity of the parallel equilibrium in order to make a reliable estimate. In particular, the
centrifugal drift should not be neglected.

Our results cast also a new light on the heuristic-drift based model, which relies on such a type of
regime, and allows us to discuss its validity and its limits. We show that the oversimpli cation of the
parallel dynamics leads to discrepancies with the numerical estimations. The SOL widths found in
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numerical simulations are signi cantly lower, of a factor comprise between 2 and 3, than the estimate
of HD-model. Moreover, the parametric functional dependencies of the estimate, in particular the one
on T, are not perfectly retrieved.

Finally, to further investigate large scale convective transport it would be necessary to look deeper
into the role of additional physics. In particular one should investigate the role of neutral in di erent
recycling regimes and above all the impact of the inclusion oE B drift. If the study of the charge
balance is out of the scope of this work, due to its high numerical complexity, we expect an important
response with it inclusion. Indeed, in ther B-drift dominated regime, the principal mechanism of
transport leads to a charge separation. Hence, taking into account the charge balance would lead
to an important response of the electric eld, and to large parallel P rsch{Schlater return currents.
Further work on this question is mandatory in order to have a better understanding of this physics

Conclusions on both turbulence and large-scale transport have been drawn in this work. However, we
should goes further into the investigation of their interplay and predominance in di erent regimes with
3D turbulent simulations in realistic geometry. So far, no parametric scans has been performed for
TOKAM3X anisothermal simulations due to their numerical cost. The anisothermal simulation stud-
ied in the present work exhibits a regime close to L-mode, where both particle and energy transports
are largely dominated by turbulence, with p= ot  75%. Thus, we can not draw any statement
on the existence of ar B drift dominated regime in a turbulent simulation. In fact, the high level of
anomalous transport observed in the turbulent simulation is well above level of the transition towards
ar B-drift dominated regime found in Chapter 4. Hence, the fact ther drift does not contribute to
the total ux of the turbulent simulation is in agreement with the results of the work dedicated the
large-scale drift transport.

Likewise, the conclusion on the high similarity of turbulence phenomenology between anisothermal
and isothermal simulations only stands for the studied regime (L-mode) at relatively high collisionality.
Especially, the result that the energy transport is essentially driven by the density uctuations is
susceptible to change, in particular as mentioned earlier with a self-consistent description of the neutral
species. Furthermore, in 3D simulations, we could expect a greater impact of temperature uctuations
for higher SOL temperatures (for example by a injected power scan). Indeed, it would increase the
parallel thermal conductivity (/ T°2) and might impact the parallel gradients coming along with
new mechanisms. However, one could be con dent on the fact that the general phenomenology of
turbulence would stay the same as this result is true for all the parameters tested in 2D simulations.

In future work, we will aim to obtain a transport barrier, and to reach a H-mode like regime to
study the mechanisms at play in such case. In particular, one should proceed to a scan of the ion
power injection, pointed out to trigger the creation of transport barrier in experiment [Ryter 14] and
in 2D uid code [Rasmussen 15]. Furthermore, we should also study divertor con gurations which
contributes to the appearance of an edge transport barrier both in experiments but also in TOKAM3X
isothermal simulations (work of Davide Galassi).

Taking a step back, we have seen all along this thesis that the SOL width is a notion of usually resumed
to a single value, but hiding a more complex picture. Indeed the heat channel has no reason to be
uniform neither in time, in particular for turbulent regime, nor in space. Moreover, the SOL width
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results from a complex interplay between the parallel dynamics and the perpendicular transport and
none of them should be overlooked.



Appendix A

Detalls for derivation of uid equation

A.1 Equality of divergence of the particle ux associated to the
diamagnetic drift and to drift
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= r B2 (B r p) Qr (B r p)
.
:ri(pr)i r._B)rp B (r rp
B2 2 2
‘ =0 under ...
1
=1 g3 (p B)
z
B rB
ro(nuyg)= r 2|{'l; B3
=p
_ 2p° 2p
= r 53 (B r B) gr (B r B)
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= r B3 (B r B) B3 fr_{zﬁ;rB B (r r B)
:()(under...
2 1
= grp(B r B) 2pr 53 (B r B)
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A.2 Braginskii's closure

In the following, we consider a plasma of two species: electrons and one ion species of hydrogen isotope.
The limit case of strongly magnetized plasma (., ¢ 21and! ;i 1) is considered in Braginskii's
closure.

The total pressure tensor ©! is decomposed into a scalar pressumgs and a residual tensor Brag:

S=psl + g (A1)
For a standard basis €y;ey;e;) in which b = e, this Braginskii's stress tensor Erag writes :
0 1
S W + Woy) (Wi Wyy)  §Wyy Wiy + 5 (Wae  Wyy) 45Wy, 2 §Wy,
Wy + 5 (W Wyy) (Wi + Wyy) LWy W)+ $SWay 4 $Wy, +2 SWy,
4 $Wy, 2 3W,, 4 $Wy; +2 Wy, Wy,

In this formulation, the rate-of-strain tensor W is a measure of the deformation of plasma volume
elements and is de ned as:
_ Oy, Qu 2

Wi = — ik T
¥ ex @x 3!
The BraginskKii's stress tensor formulation ) involves three di erent viscosity coe cients which
di er slightly for ions and electrons:

u (A.2)

|o= 0:96p; i ; 8= 0:73pe e
1= 03P o §= 0:51pf (A-3)
b= 0552 ; §= 052

* Ce

One can notice that the ratios between these three viscosity coe cients are proportional to powers of

P st

S S S
O s 1 L)t 1 2rgs 1 (A.4)
3 1 1
which leads to:
6 3 1 (A.5)

It is thus convenient to separate the Braginskii's stress tensor into three tensors according to the
dependency of these di erent viscosity coe cients:

Brag — vis FLR res
s = st s *t s (A-6)
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Appendix A. Details for derivation of uid equation

Viscous tensor:
tensor: 0
S
S (Wxx + Wyy)
vis —

s 0

0

Gyro-viscous or Finite Larmor Radius tensor:

0
FWyy
FLIR — B s
S S (Wxx  Wyy)

2 Wy,

Residual viscous tensor:

0
res _ a
s

7 (Wee  Wyy)
Wy

4 Wy,

Terms proportional to § correspond to the viscous part of Braginskii's stress

1
0 0
2 (Wix + Wyy) 0 (A7)
0 oWz,
1
S(Wxx  Wyy) 2 3Wy,
Wiy 2 3Wy, (A-8)
2 SWyq 0
1
T Wiy 4 Wy,
5 (Wyy  Wix) 4 3Wy, (A-9)
4 Wy, 0
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A.3 Derivation of energy equation
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Appendix B

Linear analysis of Tokam2D

B.1 Tokam2D Conservation Equations

P
+L = et Tie " °+Drs3 :
@N +[ ;N ] N Te+ T Te+ Dr 3N (B.1)
g p__ € - S ’
@W +[ ;W ]= ﬁ@(N (Te+ T + Te+Ti 1 e e + r5W (B.2)
3 3 P—— )
5@(NTG)+ 5[1NT el = eNTe Te+ Tie ¢+ of 5NTe (B.3)
3 3. P )
é@(NTi)+ é[,NTi]Z eNTi Te+ Ti+ ir ?NTi (B.4)

€ S
With W =r % +r Zr »P; Note thatin this derivation the collisional terms 3%9 ct(Pe Pi)
are neglected in the following derivation as they have no impact on the results (in agreement with

their low order of magnetude/ me=m;)

B.2 Linear Analysis

Each eld f is split into a mean and a uctuating part f = f + € and an assumption of small

amplitude of uctuations, }§<< 1 is made

B.2.1 Steady State Solution

In order to study the linear stability of the system, we supposed that a quasi steady-state is reached
sowe have@N = @ = @W = @Te = @T; = 0. And the steady-state regime gives us the following
set of equations. In the linear analysis we keep only the rst order of development with respect to the
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small value ff

8
_P_ g
% 0 = N T+Dr2N
W = rd + Tir 4N
? 'p': ? (B.5)
%0 = eNTe T+ r 2NT,
__P= 5
"0 = iNT;, T+ F?NTi
whereT = Te+ T
In the following will make the assumption that:
all mean elds N; ; Te; Ti; W are independent ofy
the mean potential follows the value of the oating potential = T, (so we have e =Te = 1)

| ©
all mean eld radial pro les are decaying exponential X / expI 7X the e-folding length is noted
N

B.2.2 Preliminary calculation

For two elds X and Y:

"7+ Wy+¥ = 7 Y + “Y; VI X’ Y + ﬂé v
a@x@Y gxaV+aXqgyY avg¥

- @Xx@Y aye¥
E E . .
—— = e ——— T+ p— +
Tet+t T+ T+ ¥ = Te+Ti+}ELi ﬂL: T+}fpifr :J‘j'
2 Te+ T 2
+€ e e
e Terld =1+ E =1+ E —
Te Te Te

Let us also introduceE =In N for simpli cation of the calculation and to overcome the dependence

on N. Using: In N 1+§ =InN+In 1+ % ' InN + %, we obtain that at rst order
of developmentE = In N and € = B it is evident that @N = @E = 1. We also have

@@ =@ % = @W—@ = @E’ asN is independant ofy, the same way we have@l‘ﬁJ = %—’e Finally we

have @¢ = @B + E@, and ¢ = GE +2QEQF + GEF
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B.2.3 Density equation

. ” o . E% 7+e ..
@N+MW)+ +eN+N = N+N) T+H+T.e =t+Dri(N+N)
|
. . . N I e’ o . p— . . .
aV+e@e,N @N@é= N T N T E = NE[;;#' TN+ Dr N+ Dr 3N
Te Te 2 T
in steady state and by dividing all term by N:
|
. o o p— e o s . .
ef+aa@f QEQ@c-= TfTre = ;prri ;pﬂ'— TE+D(r 3 7+i2)EJ
e T T N
Finally we obtain :
- NS ST
+ @T.@+ T Dr3 B+ — @E@ ¢+ = + p= T+ _ H=0
@r @nq ’ T. @@ PSSR S
(B.6)
B.2.4 \Vorticity equation
€ S "_ _ — €€ .S€_ - SS
@W+W + +ew+ilv = Wfl{ej’@ N+N T+ .+ ¥
E _ ’+e! €7 g
+ T+Te+¥ 1 e =H + r2 W+l
_ - € .S € S € .S
av+ @@ ewges 9 @1V % @ Nf. 9 @ N¥
N + My} N+ N +
2nd order
p_ . e € S
T+ fl'e:+ H: E — + r3 W+W
T2 0 Te Te
2nd order
In steady state we have r 3W =0 :
— —_ T " ") p:e p:
av+ @@ QB®Ww-= gNT@N’ 9@t o9@F+ T Tie+ r 2y
e e
Finally we obtain :
- € p?! € g p?! .
T@ B+ @vg — °+ @+ @@ 13 W+ 9@+ — Te+(g@¥=0
e e
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B.2.5 Poisson equation

A <

1

W=r32 +r 7 2P
=r3 +r2T+r (Tir »InN))
€ S € .S €€ .S € €  .SSS
=rZ +©+r 2 T+¥8 +7 T+¥r, n N+N
Y il
— 2 e = 24 T N A N
=@ +r3e+@n+r3¥+r Troin N 1+ = +r  ¥®r,in N 1+ =
| {z bl {z }
=A1 :A2
¥ ¥ ¥
1l . . .
_ N Q@E QP @E + @B
r-in N 1+ﬁ = + =
QE Q¥ Q¥

We can developA; : Let us note that @QE = @In N is independent ofx asN / exp( X= ).

s
€ .S
T, @QE + @P
A=
_TQE v
€ _S € .S € .S
=@ TI@QE +@ Ti@f +@ TQF
= @EQT + @Ti@E + T@E + T @¥
- @EQT + @Ti@F + Tir 3B
A, is calculated the same way (With’ﬁ instead of T;) and leads to:

A= QEQY

Finally, the vorticity can be written:

W = @*+ @E’T{; @ﬁ@%
=W
tr3e+r 38+ Tr 2B+ @T@E + QEQY
AsW = w W, we have:

€ . .
@T@+Tra N r2e+W r3+@E@ ¥=0 (B.8)



116 Appendix B. Linear analysis of Tokam2D

B.2.6 Energy equation
B.2.7 preliminary calculation

Let us rst develop advection terms and di usive terms which are identical for electronic and ionic
energy conservation equations.
Advection:

2”+€'«‘€N+ lkli’S€T7+1"S_=§ N+ N ”*+<:3‘T7+#"_+ T +Y “*+?|QI+W_
€ . _ N -
= N@ @Y NQ@T @°¢+T @N T@N@e
€

@N@ e+ T @@yN (B.9)

®
n
o
"\

Di usion:

€ .S€ _S € _€ S € .S , €. SS
r2 N+N T +¥ = r%NTV+r%N’T‘ +Tir 3 NT
g .

€ _§
= r%NT + @T+2@T@+Tr%N’
+ @N +2@N@ + Nr 3 ’r‘ (B.10)

B.2.8 electronic energy conservation

§@N+N’ Te+f|'e+é + € N N‘ Te+f|' e N+ N Te+fre{ T+ +¥He

V4
- =A
€ .S€
+ r2 N+N T+ e

Let us develop rst A:

A= e N+ N T, T+

= 7” = = o 7p:
= NTe T N T(+1)+ —-p= T Te+ p& ¥ oTe TN

Using (2.4), (2.5) and the development of A we obtain:

€ .
> NG+ T.aV + N@ @ T N@Te@+ T.aNg e+ e N
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= eNTe T ele TN eN T(+1)+ L T+ N T  NpLH¥H

_ € . )
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in steady state and by dividing all term by N:
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B.2.9 lonic energy equation
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In steady state and by dividing all terms by N:
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B.3 Spectral Analysis
We assume to nd a solution of the form :
% L= kx Ky .. K, EXp(ikxx + ikyy) exp(! kt)
= kX ky Py €XP(K X + ikyy) exp(! kt)
§ e= kx ky Teky ik, EXPKxX + ikyy) exp(! kt)
Y= kX ky Feky ik, EXP(IKxX + ikyy) exp(! kt)
Where @; b ‘Fe;@. are the Fourier transforms of @; e fI'e;’i:"I respectively
As all average pro les are decaying exponential, we have’%—X =( @XTX) = 1
X
The equation (B.6), (B.7), (B.11), and (B.12) can be written in Fourier space as :
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R & . <

T . — . ik g

—iky + Tiks Bk + K3 P, + Wik, + K5+ —NX Py, =0 (B.15)

Ti
3 3 T P T LT ’ 1
__ . M = . R | -
STk 5 —ikyt eTe T o — 2—"ike Te k§+2— Bleciky
2 Te . Te N N
Y
+ e T'l‘ — € + € |ky bkx;ky
2 N Te
'3 3 | P To T 1 ke oo T. o
Pt g ot e (D Trpn e = 220 6 Faat P =0
(B.16)
3 3 TiT P T T ' ik 1 B
- B __M = . J— | ~
“Til : eky+ iTi T i TI Zfllkx T; kg +2 -2 5 @kx;ky
2 Te é Ti N N
"3 T 1 ® Ti
t 5 —+ — ik bkx;ky + izp%?e'& ky
3 3 Te ’ F’Ti T ¢ 1 ik =
—= | =
+ 2 ®iky + T+ p= = 2% kK ¥, =0 (B17
5k 5 Tel y i T [ ﬁ N ? Tky Ky ( )

Where k5 = k& + kJ
This system of 4 equations with 4 unknowns has a non-zero solution if and only if its determinant is
null, so we have a condition on! i for given values ofkx;ky; ;;D;; e i e B0 Te T NG T Ti:
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